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y Z
__zf _?fz —fl —fz
(] F——f T 2
P 14 7
T 2
1
dz ;fl fll

-8;- yay fz
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WERY

| =51 A
[47) B ulx,y) WE
' _ xtay y
du (x+ y)? * (:r-i—y)2dy
G SRR EIPEER

du x+ay du _ y h

ar  (z+ Py (z+)?

ARy, x RARFEA -
Py alzt+y)—(ztay)-2(xt+y) _ (a—2)x—ay
dzdy (z+ y)° T ()
Fu . —2y
dydx (z+)°

fpp L *ﬁa "5 “ M(a—2)r=(a—2)y, Y a=20 ERX
dzdy "Iy al—a ayax’ 3 y

AL RLIE CA).
GEEY B2 S5hESBEENLR IR SRS H0E N 5K FWF TR MR
A5 Pdx + Qdy H 3 EEUH 2o M b F AR .
® P(z,y), Q(z,y) ELZEE D BESERIE FED LFE u(r,y) f#45
£ LS gty B Oty — dQUL OB, 4G
du = de-I—Qdy:> P, TRt Q,aIay = 3% 050 = ay o ((z,y) € D)
@Bi‘fBIE?F—%ﬁEj:. i@%aﬁﬁﬂ Pdz-+Qdy 5 BB 2 Ay 5 R A XA R
SE P AR ES R a, T A 2 250K H R R L
%ﬁ ulx,y) ?ﬁ;@

_ (z+ay)dz + ydy
Az )’

T 75 4 e (1) TR ST » Bl LR AT 0 T PR AT 7 ¥R E o (ELFFAR BL R ) w (2 9).

e
2% = ZEOL 5t 2 BN HEREE R

&

8 u(;c,y):J(Ii‘;f);zd ;jx‘l‘%‘:;:_(i)—zl)ydx
=L_+ +(a—1>yjri_wi
=lnlz+yl- +1)y+c< )
B3ty REM g_;=x4l—y”21;+§a+l)f:+0( »

(+ )z(ﬁq(l)—tq:'% — &1
HitE a = 2,C'(y) =0, FR Cly) = C(Y HHO
u(x,y)=ln1;c+y|——;~i—y+c

 [Ex] C
[44) #& 1 BAERHA
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sﬁ%ﬁiﬂﬁiﬁ;ﬁtmﬁ FBEZ (EFEM)

9 2y + 2xy +312,3—I = 4y + x*
dx dy

ﬁa—f = 2y" 4+ 2xy + 3% A
dx
Fla, 31) = J(Zyz + 2xy + 32 )dx = 22y® + 2y 4 2 + ()

EE% = 4,ry + 2t %J14.Iy + 2t = 4-Iy + 2 +qp’(y),¢;’(y) == O!Q(y) =i,
W flzyy) = 2zy* + 22y + 28 + C.
2 df(z,y) = (29" + 2xy + 328)dx + (4zy + z2%)dy

= (2y’dz + 4xydy) + (2zydz + 2%dy) + 3z%dx

= d(2xy?) +d(z*y) + d2°
W flz,y) = 2zy* + 2ty 4+ 2* +C.

CREY Tk 1 RFRRBS 07k 2 B A B M A, S PIA 7 2 B A5 R 3 2
TS0 B — B 4R 3 280 oR B 3 0 T O

[&£%] C

i a : Sz, o
5 i il | —_— e =—27, (z,y) FEA(0,0) (0,
[54Y 7% Eh(x.y)l—-ntlo.m Ty B flx,y) TEA AEREESE A f

0y =0

li f(l')y) =29 0, ] (O,G) 2 " i
o Ty e == 20 BRI R SRR 0.0 BN 5 04

3B, T %50 4B 5 P

f(l':y) <0
1—cos v/z* + 3

M 1—cos /22 + y* >0,/ f(z,y) < 0,X £(0,0) = 0, HAREE XA f(x,y) 7E40,0) B
B K AE L BRI 8 (C),

Fid2 HTFYn) =00:0) Bl — cos W/ £ 5 ~ %(-ﬁ gy

5=00,0) BB R AE UHEBR (A) L (B) (D), $k B3 (C).

Y 7 1R A BR 60 5 5 AR (B 60 52 S0, D7 vk 2 0 P I e , i ol
2 [ RELH PR 7 o .

243 INEEI IR
(] B f(x,y) TEA (2o s y0) BUR R AME B AR B 5 LRTH f (o wo) TE 2 = 2o BUIR
ME fQzo s 3) FE y = yo AbBUAR/IME L #7386 (D).

(FE] BERR—ERE R, BN AR SRR — e, il flz,3)= | z |
+1 v [ BIRFEC0,0) MBUE/ME L {H £, (0,0) F1 £, (0,0) ABARNFELE U HERR (A) ;8 5 AR —
AR AE A HEBR (B) 5 (O) TR B 8% — T BR B ST B, 1L X = T R R AR
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249 ICTIIRS
[447] J(z) =— Ex(z9)

Fi(z,y)"
X Fizosys) = 0,0 y'(x0) =0
4 I / / i /4 / /
R (F..+F.y )F(,F;)gf; i )
Fllzusvs)
Fo(xoyy0) "
#F Fr(xo,y0) < 0,0 y'(xe) > 0,20 B ¥y = y(z) BIR/IME 5, BN 1% (B).

V' (xy) =—

250 ECEI W
(2] f.=2kz,f, =3y —3, B
f200,1) = 0,f,(0,1) =0
o (0,1) = 2k, F1,(0,1) = 6, f7,(0,1) =0
AC — B? = 12k, f(x,y) A0, L RERERES & WBERX.

[EX]1 A
[4#] B8R () =1+z+yEREEI+y¥ <1HAXTHL 4
Flz,y, ) =14z+y+A+3y*—1)

F.=14+2=0
/%{F;=1+2Ay=o pell _ ) Jyplea
Fi=zfy-1=0 vz
o 8
(ff) 142 H Rk £ o ﬁ) VZ ABME, 1+ (1 —V2) =
R E CAD.
iyl [ExR]1 C

(5] 4 g(x,y) = xy, WAL ARKEE g(z,y) BRI D = {(z,y) | 42° + 5
< 1} E#&/ME.

BT R g(x,y) 7E D {LEME—IE £(0,0) H g€0,0) = 0. AT AR glz,y) D EHY
B/ME, RELE g(x, ) EDWMHR 422+ =1 LHE/MES g(0,0) = 0 KA.

FiEl R glz,y) = zy T4+ =1 ER/MET AR H REHE. 51 ADLHE B
HEE Flz,y,A) = zy + A4z +y* —1),3R Flz,y,0) WA, FHRA

Bl = 5 Bl ) (1

{F;=I+2Ay=0 (2)

F. =4z +5'—1=0 (3

BR(z,y) = (0,00 FEM,H(1),(2) KEE@HEE%M\@%‘? 21/\‘ — 0,4 =+ %

B s G s 1

Bly = +2z, fEA(3) 8,828 = 1,z =+ F’ TR e A5 A BE P‘(z ) ﬁ)

P (- L), P (= — )5 P (- =) @it P, 5P bt g(zy) =+
54T AT T 2~/— 2

P, 5 P, &b glz,y) =-—%.
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wmn‘fmmu Vo= fED FHBRKEEP, 5 P ihEAE. B B AEE ot
Wk (C).

ﬁ%z 1k k3R — I B K B0 Bk /M A B

i 4zt + 3 =1 fig iy

e sy
A glry) PHAAR =) =% x VT— 12 (— % T %)E’gﬁd\{a,

W g ) = 0B () (- <o <) MERUMER — . fey) = € 1 D K <.

GEEY (D REH 2z = fla,y) EERBRE D g . KHEAE D R MG
MERETRAT .

@ Rt BREL = = flx,y) 7E D P FTA BE AL B Z /D —AMR S BN FETE Y S b Y SR A

@ EDREMARMEF (x,y) =006 =1,2,-,n) FTEM,REEH == f(z,3) 43
FEARFZAM Fi(x,y) = 06 = 1,2, ,n) FHITETRERTE &, I8 0 L m B .

@ HE DO, D WHDEHFE S M REE, EFRAEREE K 2= f(z,y) #ED L&
KAE /M E LR EE 2 = f(x,y) 7E D EHIF/ME

(2) ZA {0 T P ) 30 9 3R i 7 .

2R At A8 AT FH [0 1880 14 K Ao 5 R A% B L e 0.

R, SRR 2 = f(x,9) BEAFREM o(z,y) = 0 Z TFHEGRENERER.

@ FIAFHEA H B F(x,y,4) = flz,3) +Ap(x,y).

@ sKHCHE B B BREL F(x,y,4) BOTE A, BN 7 R 41

B = feiilpa =0
{F; = fy,+ip, =0
= =20

@ 77 B 28 R I S 2 e 5 (L A /0 M1 4 7 R (10 R, 4 el ) Y 5 B 25 AT A
T e KB 5 0 /IMEL. 25 3 A5 e — B R sk .

S RER w= f(x,y,z) FEATEME olzyy,2) =05 ¢(x,y,2) =02 F B &K
EHHFEFR -

@ FIASAE HRE F(x,y:2:0,) = f(z,y,2) +Ap(z:3,2) + puh(z,y,2).

Fi=fitip.+up-=0
B, = £, bagh by = 0
@ KA B H BREL F oy, BIBES, BIRF AL FL = fL+ 0. + ppl = 0.

F;=q9=0
Bl= =

@ HESFERRETNER MEA.
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253 ICGEI N
(2] HTF
rj—ff—‘312—83:—{—2_);20

dx
3—{ —22—2y=0
B R (0,0),(2,2). HAEW,0 £ D .
XENA=f, =6x—8,B=f, =2,C=f, =—2,7HEHRO,0 4 A=—238,
AC — B* >0, FT LA gi(0,0) 2t K {H .
FE 0,0 =0, EDMLRLEU, DA f4,1)=7> £(0,0),8) £(0,0) &&f(x,y)
1E Dy f Al (0,00 R f(a,y) #E D By K E AL Bk (B).

GEFEY (D) AR 224 =0 i 5O P91 I -5 B8R 77 7 19 2= 4 TF BUIS AR A A0 6 22 2% 4
FFEo 41

(2) ZBERWAT L0 RS — TR — X5 : K3 D b # RS TR f (x,y)
£ D A ME— BB A, 35 RN R LA —E R f(z,y) BIR/DNORD) EA.

[EX] A
R f(r,y) 7E4€0,0) By 32504038 i 1
flx,y) +42° —y* 1
a2ty

&l Crsyr=— 4z +3° 2 £ 255+ 5

AHEsR 8, 070 9 0,00 = 0, %, €040) =%, [ €0, 00 =104, (0,0) = 2. FRA
(0,0) BEH f(x,y) LS, BA=—8,B=0,C=23E AC— B =—16 << 0,#&(0,0)
FREE (. y) BIRRAE .

IEEY AR A vk 425 0 it Al ) R ol 2 4 3 A 2% 14 4 6 91) i B 8 I W HY 8 T A R
PRk B BREL f(x,y) IE 2 R A S 2 AR AR — AR :

XA E G — R R A AR A FE S D E RS R f(z,y) BI—FRER,
SR IE HEFT 4047 BRI T - 8 e d AR RO PR 4SRRI 4 £0,0) = 0, KR i fR 5 55
/!\Eﬁééﬁfﬂﬁ?i?ﬁﬁ(rjgﬁrgo ,8Ey) =0 B gz, y) #15

T, 4 DA =R
L e i

(= flz,y) = y* —d* + (' + 27y + y")[1 +glz,y)]

@z—fl-#xz[l”*g(x’m]’ 270
= {ﬂ_g%yj=1+y2[1+g(0,y>], y#0
i lim g(e.y) = 0 FFFAE0< o< LEAMO0< VaT T3 <o | alx,y) <M
3K i 6 A5
{ﬂ—f;ﬂ<u4+lx%z—% _ [f@0 <0
fO g el L Ak
J briig)

XFEH £(0,0) =0 AR flx,y) HIHRMES.
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[%%] D
[ ard ot fa) 005 45 O ok iR 5
u=zyz(x >0,y >0,z >0)
FEHRM x+y+2=a FTHEAMHE.
7l R B FeR:.

A Flz,y,zA) = zyz +A(z+y+z—a)
R BRA
aF
a—-—yZ'Jr‘l—O
Q-E=a:z—|—/1=0
dy
>,
£=xy+,1=0
dz
aE - i
a—x%—y-ﬁ-z a=0
Hzy,z 3HEFE— . Z. =4 BB =y =z, BRABE -1 FEAHE

= y=z=

R Bk — AR Yz = y = 2 iﬁa‘uﬂl%jﬁ{ﬁ(%)3=“—;.

Fik 2 AbAE R ERE.
MEHF ztytz=ab@Bz=a—2z—y, KA u=2y2 Bu=zyla—z—1y),BiH
KEF wu=2y(a—z—y) EFER
D={(z,y) | 2>0,y>0,z+y<a}
R KE. XA B E—EETE, B D WAL AKE. 4

g—;—y(a—x% y)—xy =0 o
=
g—;—x(a—r—y)—xy”"ﬁ 2zty=a
2t = =
" L _aaf, _a_a\_a
R —BE S AR B, B WRKER = & L(a-5-2)= L
256 INEE I Yy
(5347) 8 OB R BSR4 I 42, B e i
ACBO 24 D, ABOA it % D;. Y
AEE?D;: KT =z WX, T 2y + cos xsin y & y BYEF R %, M \O >
X
ﬂ-(:cy ~+ cos xsin y)do = 0
Tfﬁ D; %F y%ﬁﬁhxy & x [ AT RS, cos asin y Bz E‘J@%ﬁ»

Ui
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WERE S

H:cyda = O,Hcos rsin ydoe = Zﬂcos xsin yde.
Dy by 2

R (A

yn [(==x1 C
[54)] BEEMSMANESL y=x,2+y =25y FERN =M X, 8% ).

258_ [ZX] B
[4#)] BAHTSHPEE dTERLTRGC,.0 FEHAT y
de = rdrdd, Mﬁ@&:ﬁﬁﬁmﬁﬁ@ﬁﬁ%%f(rws §,rsin ). 'Il
W S — E R A KR D ERABTRR (0 PRAERERE Illla“
1
{(T;5)|O<3\2 m r<1}

XEW DEWRE x = rcos 0,y = rsin 0 (E A LI R Qry PALTH o
— &R, BRI RSB & rcos §+rsinf=1Blz+y=15r=1H z
+y =L, A\FARAEE D= {(z,» | 0<a< Ll—z<y< V1—2"), 40 . B

JdﬂJ o f(rcos8,rs1n8)dr——ﬂf(x,y) \/___ %

—

= jldij— _J‘(L’J’L dy WERE
[ i% (B)
WEER [Z%x®]1 C

[‘}Hﬁ] BEARAMER M 2° + y' < 2y 5 = 0 Frif e i 2 B, gom s (O).

B t==1 B iz

2 . e % o xy i

(4471 5k 1 E%ﬁﬁT?s‘{%,ﬁ%_Eﬁé}H = 7

B BWHS B D0 <2 < 1,28 < y < L, MEFTR. :

BBCH % = 5y KBS . v

1 5 1 1 fy {4 I

I=|dy| —ZL=dz= Y~ d !
Jo yL it L EEF L lat 5 —

=17 13;: dy = +[ a+y0ay
v ¥

=%-2(1+y3)%);:%(ﬁ—1) ﬁréﬁ? m’l‘%m
#B). (ID:djky66)

gk 2 JASHERBUNE R
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X 660% - Mz (EEM)

-4l o
%(IZLZ V1+ 37 )u ZJ Zd('[ 1+yd)
gl (e [ R

1
- lf A4+ 2)Fdet = L .21+ 25)%
6 3

1

[

= %(ﬁ—l).

AR [=x)] C

[4a7] MBRRAEM S, B z BRI v, BEma LR
KABXF 4R, D, in A A, H:‘?‘ﬁ yF?R:c,DE@ﬁlﬁa’}&i%m,EFH
STBRARGHEE R, RS o By BB SN R 0 4, D EI"J | |
FRE: A b

TR

& (C).

[#£%] B

(5] BERL+y<2r+2ye (z— 1D+ (y—1)2 <2 » DT AT 5 | A 4 Bl B9 S 5
z—l=uwy—l=vllz=u+1l,y=v+ 1, XMHRXED = {(z,y) | 2° + 3P <L 2x 42y} A
R D, = {(u,v) | u* +o* << 2},

—_EHRL

ﬂ(zz +zy + ¥ )dg =J][(u+1)2 T+ D v+ 1)+ (v+1)*]dudv
D
*ﬂ[u v+ 0 + 3Cut0) + 3]dudo

-, ﬂ(u N —Jrﬂ.fwu + 3(u + v) Jdudv + Sﬂdudv

FIH D, 2F uihif v %ﬁﬁﬁﬁ'&‘?éﬁﬁuvﬁﬂ(u-%w KFovau %ﬁﬁﬁﬁﬂﬁﬁﬁjﬁ
H[uv +3Cu+v) Jdudv = 0, F|FH = EF%B‘JJUT%XT{%ﬂdudU =D MEHE = 2

®E, EDl FHABALER u = rcos 0,v = rsin 8, D, = {(r,0) | 8 S A 25,0 Pl
VZ
«/—Z_}a:‘l‘_:ﬁﬂ(u + v )dudv=J dﬁj rtoe rdr:sz PAdr = Z(/2) = 2n.
2 | ,:o 0 0 2
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i
FETER

a,tﬂtxz 42y + 3 do = 2n+ 6x = 8. BRI (B).
D,

[£%] D
[44F) ZHE-ERS ITHRSEED gESL y = « FEBXLT y
D, ={(z,p |0<z<L,a<y<l) = {(z, ) | 0<y< 1.0 < D:

JISTEINY Ni]
[a=rm oo

b, D,

y=x

i

O

4 (1422 + 57 g (1+22+ 57

& x = rcos 0,y = rsin 6, TEW AR R (r,0) HF Dy AT FRALA (ra ) IOQ@Q%,Oér\{
B LA

1
cos §

b

I = zf’i ag " = F def'l'"” A4 r)
Q (1] [}

(g 2)F o (17
1
% Ex 3
:—2j L dezzj (. 0088 5gn
o 147l 0 /14 cos®@
= E—ZJ% dlsin ) 2 — 2arcsin sin @ ‘
2 o /2 —sin®g 2 o
o B o B o o e I =
2 22 3 8

B R 3 (D).

[F] EXHDXFHEEy = = xm,muﬂm,y)da -—"ﬂf(y,z)da.
D D

A (1D:d jky66)

D1={(:c.y)| |z <1, | ¥ <1},

1

&
D = | I,y)l.rz Yy <z} / o
a:)%ﬂtxyldﬁjuy|da+—jnj|zy|da. Z/// B

=L
i F | 2y | WF o By BRBEM, D, XF < Hmky HEH
Bk, T | 2y | 76 Dy & BOFU4H AT AR B35 Dy 7255 — RIRES )

(x| 0K 2<K<1,0K< y < 1) | E AR A B U4, BD i
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HF L X 6605 - ﬁ"i—-(miﬂﬂ)

J]i zy | do = 4J:d::j: | zy | dy
Dy

1 1 1 1
= 4J de xydy = 4J xdrj ydy =1
0 Q 0 0

BT | zy | XFy BREE.D, XF = Mixt#, N | zy | £ D, AR AT Ak R o X,
D, #E—ZRHM (x,3) | 2+ <z,y=0) FRBSWFLE, S x =rcos ),y = rsin § 5|

AR AR, A
cos §
ﬂ | zy | do = 2'[ dﬁj r*sin fcos fdr = ZJ sin fcos t?dﬁJ‘ rdr
= «%— sin fcos’4dg ol %Ltsdt = %
S G
4 ﬂlxy [ do=1—15 lz.m‘zﬁ(m.
265 I EES e
[5#] B D g B, oy 850 R B0 45 5, RS 4R 48 = Vs
J& vy MRS, D %24
0<y<1,0<z< :
D
AT
: g
1 . I e ]
—e dxdy = d ¥ —d
Jl\/; . Jo y.[o S J_; =
o, o 1 x
:Joe J.Zye—’ dy
—— e_yz ! — 1—.]'_
0 e’
R (C).
Gl (=31 C
(5471 BERAD = {(z,») | 0<y< 1,y <z <y}, WA I
B, AT 1 —-— ,
sinmy, _ ("4 (¥ sinmy, _ ('sinmy, [ i
-L[———y do LdyLz i 1 dx L — dnyz dx b4 :
) 1 % ‘ 1 7 |' .
=J (1 —y)sin nydy =— ——j (1—y)d(cos ny) o) 1 ¥
_—%[(lﬁ-y)cos -;ry‘ —J. cos nyd(l—*y)]
== %[— 1 “’rj cos nydy} = %— %J-ocos xydy
" P, 1
= —~———sm ny| = —.
n v T
B 2 (C)



HEKE @

iyl [(Ex]1 C
[4#7) MTFRSE D HBI%T z fy PR, M REH [0 = Vx| +

Ty T HHEETR 25y WEER. %2 D & D ES - ReE o, B
Di={(z;») 2= 0,y=0,/|z |+ ]y <1}

= {(z,y) |0 2<1,0< y < A —v/x)?)

il ﬂ(ﬂﬂ+ \/I—W)da:‘iﬂ(m%— m)da:‘iﬂ.(«/;—i-\/;)da.

RERSF K Dy XTHE v = « MF WA

)
- e
e

=k

T

-1

H(WF+ ST Tl sﬂfda = sj d;cj”_ﬂ =
- sj e I o X Vo sr SR e

7 ; z 2 %
J(f Sr—+x )d:c—8( g &l )
2 ry M- —y . |
:8(§‘l+?)_8(5 3)_15
GEEY (D) s o\ R, BEEEF AR BF 30 55 AR 4 X 3 A 6 A DR TRT LT 5

@ #EB D XF y fixd#x, M
0, flz,y) & x B R

Hf(x,y)dcr = {zﬂ-f(x,y)dm flz,y) & x BB R
D Dl

E“F‘D1=Dﬂ {-I?O}-

@ #H#RHE D XF = WxdFR, N
0, flx,y) & v A R

Hf(l"y)df’ = {Zﬂf(x,y)da- flary) By BB EEL

He$ D, =D {y=0}. |
@ HXE D RFHK y = = XK, M

Jb[f(x,y)da =Jlf(y,x)da - —é—ﬂ;[f(x,y) niSee Suitie: |

[%‘:1&:25[*,EiJrﬁ:Eﬁﬁ}HﬁﬁEi’Iﬁﬂﬂi:ﬁﬁﬁﬁﬁIL{EIESL:ﬂda = D KyHEH.

(2) BATRATFIF = £ o B ok it AP MRS, & = = sin'e, ﬂ']
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! g
J V(1 —y/z)dx = J-Tsinzzcos‘t « 4sin’tcos tds
0 0

e %J?sinsztdt L -217 [ fnstan = EITJ_ sin®8dg
: 0 0 0

= e andoa A 1
S SR T

Al [&=x=]1 B
[ SIARMBIRG,0) 4 x = rcos 6,y = rsin 6,

- {(r,a) | %gag%Jgrgs],ﬂmm%=g,ﬂ

Jlarctanmda J;Bdﬁj rdr = %(%_é%)x%(g_l) =
[&£8] C
[447] ﬁﬁiﬂaﬁxﬁﬁafa,zﬁziﬂﬁ oy
ﬂ\/“—x F 7 do Y BRES HF D0< y <1y <z <1,

ﬂﬂ@ﬁﬁﬂ‘, IR AR BR AR 4, D A9 A A R

o 1
0SS .0<r -<\——Se

2
L

6

X T =
F& I:J.‘dﬁ‘[mar-r 'E1:-% 0
0 0 3 0
Fik 1
F L T"dsinezr’ dsin 6 =Jﬁ- de
o cos’d o cos'd o (1—sin®d)? o (1—z2)2
1
_ (71, 1 1
_L 4(1—z+1+¢) -
:ijﬁr 1 1 1 1
1 o{:(l—z)z_i_l* +1+:+(1+z)2}dt

1 1+1¢
{1—:““1—: 1+J

[ 1 v2+1_ 1

—

I

|

lr

!
r&l»—ﬂ

] s VZ—1 1+l
V2

Sl

= %[zﬁ+21n(«/§+ D .
F ik 2
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mEAEA
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Cize* (¥ C,,C,,C, BR=EMEEFED. |

= 191 -



WP EMITX6605E - BE— (BFEM)

F AT R {EL T A5
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%Jﬁ“ﬁﬁ'f%ﬁﬁ%ﬂﬁsﬂﬁ@?ﬁ& tan — = ¢, & @ = 2arctan ¢,
M dg = i ——,sin § =

2,cosﬁ—
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e R S S
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filhn.,

’ x < Zo
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R,
B 3 (O).
#ik2 (C) BIEWA.

Blzx) = ”——JB——(I) (z ,limp(x) = lim (a(2)p(x)) lim L _s.0=0.
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BE == 2

[4047) %R O MF %, R0 807 Bk, B4 F0h 8 T 0, 8 A h &R Al 2
DO TR TR SR AR A (3) 4R, IR K IR R BE A A RIS T oo

FIRE, 3% © BT S HOR B4R, R BB TR R R oo BAF7E. I RIUA BB A I a8 35 . 3 5
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557 IEES IR
T S 1 1 .20+ 28 —22%)
kWl G =ty 5z \? (1+2)?
1_(1+x2)
_ 1 kY 1+ z* . 1 =
145" St =17 d4+zH)?
_ 1 1
" Sy T BeeD
X fa) FE[Ly + o0) Fhk = (2) FE[1, + o) R H.
' (O, M
0958 B €-E3 REe
[5#] Y@ 5y BEE.
V(z) =—cy(z)

AT () MR AR N FHE.2 2 € (a.b) £ y(x) B K =y (2,) < 0= y(ay) <
0. F xo € (a,b) & y(z) Btk /ME & =y (20) = 0=y(2,) = 0. FH Il y(z) FEa,b) INREA L
1E {EL A AR KA A5, 5 B 7 1R 4 /N
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HEHTF ©

B y(a) = y(b) =0T HL#E y(x) T (a,b) AMERF, M y(2) E Ca,b) WA BUE BRI
e 5 B A A AR /MBS A X R AT R PR HBEA TE (a,0) b y(2) ERE. (O,

[Ex] A

[4#]) 2 f(x) = (z+DIn(z+1)—zln z, 0 f(z) =In(z+1)—Inz >0, L f(z)

R MRS T (1) = 2ln 2> 0,7 Bl f(2) >0,z € (1, +oo),El11n(11ntI) >t

(5x1 C

[44F] % F(x) = rf(z)dz,mu F(a) = F(b) = 0, BLFF 4 &M F(x) RRE

F'(z) + (F'(x))* —F(z) =0 (%)
# F(z) 7E(a,b) fBIE, W F(x) fE(a,b) ERIE%)‘Q‘EE[]IEII%&F(I) = F(z,) >0,z € (a,b). H
B SR =>F () = 0,F (x,) <O.

{EEE( %) itf% F”(Io) = F(xz,) >O’5X{E%E
¥ F(z) 7E(a,b) ‘I'Eﬁi,ﬂlﬂr[nibr}F(x) = F(z,) < 0(x, € (a:0), TREXEEBTE.

B, (A) (B) A%, FIRE(D) 7%, 3#(C).

SR [ExR]1 A
[atr) E%&
(f(x)),:f’(x)g(:cwf(x)g’(x) 1 |f@ g
g(x) g'(x) gl f ()l g’ (2)
f(l‘) !
:>(g—(1)) >0 (z € [a,b])
o £ e g e, L2 S L2 oz € (a,8].
g(x) glx) = glx) |,
(A 1 Rz %8 CAD.
7l [£x1 C

[ﬁﬁ] y=I3*3I,yl=3IZ—3=0,I=:|:1.
%x =—1H?J',y” =—~6<0,Fj|"uy :Is_—sl &I =_1m§“$&kﬁymnx = 2;

W= 10,y =6>0,fbly=2—3z %z =1BEBNME yoo =— 2.

Wy (—oo,—1) B,y =322 —3>0,y=z'—3z BN, H lim y =—oo;

W (—1,1) Bf,y =32 —3<0,y =2 —3x BRAM;

W e (1,+o0) B,y =3x2~3>0,y=x3—3xﬁéiﬂi§,ﬂn§;y=+w,ﬁugﬁﬁ

W< A< 20, By =2 —3z 5HLy = AR ITFAANKEA.

[#%1 C
[aar] (DK (o) H iR
= 0,2 = 2o ’

Fiixy :%—bxb" :!3-[%—1}

xI

{>0,0<I<10
b

< 0,z > x

1

o= (3~
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WA R660H - M3 (EEM)

fC2) FEC0, 20 17 HE [0 » +00) N\ f(2) < flao)(x € (0, +00),2 £ z,)
(2) HZEWERFS .

flxy) = ln(—};)W _[(%)h :r = %ln%ﬁ% = %(ln
(3) 3Rl AL FRAE .
lim f(2) = lim(In 2 —2*) =— o0, lim f(z) = lim xv[lzf—l]:—oo.lﬁltt F(x) T

T-etoo T—=too

o=

= 1)> %(lne—l) =0

012 #5, 7 lim f(2) 5 fCz) BB = fC2) 70,20 T HE—T A
R f(2) ot o) B N S 5 lim £(2) BB = () (s +00) T BT
A BRI, £(2) 160, +o0) FAILA 2 MR #(C).

564 IEEI e

[5r#7] W f(2) = 2* —zsin z—cos z, f(z) fE(— oo, +c0) F R E, R RS £ =0
FBYNEIE , f(0) =—1<<0,f(0) =o* +1>0,H = € (0,+0) B f(x) = 2(2— cos x) > 0, AT
f(x) [0, +o0) HE—AME—SH, FR £(2) FE(— oo, + co) WA BN FT 5B, 2 (C).

[#R] C

(5% 7l MPREE =36 € (@.b0), (&) = 0. ¥ (o) 1E[a.&] F R
AR EERE >3 (a,8) C (a,b),
_f,+ (a) _: f’(Eo) _f’+ (a)
& —a & —a

= (& >0

H3E (C).

Fik 2 FRF@) =— 20—~ =—z4+22¢€ [0,1]

=>f(0) =142z £ 0 =21 < 0@ = fK1).= 0. f(z) = 2,f(z2) <0 = fO)z € (0,1))
FHt, (A ((B) (D) RXt, 1 (C).

566 €23 I
(3] HEE MO+ (@) 5 e (fla)+ F(a) = (e f(2)) BRENEA.
flx) #E[0, +o0) MR HH n A FRFMEH =e f(2) 7E[0, +o0) AR HH n S NE:D]
.
B REEAL e f(2) WA ZEEZ B —EH (e f (1) B—AE 5. Eit (e f(2)) &
PR — 1RG0 e (f(@)+ @) WRR () + () BAK n— 1 ST E.
P(B),

GFEY 3ROV 5B RS I S R T FHEIEH () W n B S8 1E
(a,0) ELFFFE n DF L RAUEMW £(2) TECarb) B n+ 1 A S B F H 5E2 0.

XHEBH f(2) [0, +00) H n AR R B AT R L £ (), R Fz)+ £/ ()
M AR, B T — M5 £(2) + (@) 5 (et fla) = e (flx)+ f () HHF
MR f(2) 5 e f (2) BHIRIE S, BRI R H e f(2) [0, +o0) & n N Eil: ]
ZRLIBBE (e f () FE[0, +00) BLHFEHAZE.

(=x1 B
[547]) Fc.r)ml,zjtﬁﬁ,u,mWHITE’;EFU)=F<2>,m£’ﬂzﬁﬂ,§&*aﬂ?%€~ﬁ
xo € (1,2]ff F'(zy) = 0,X F'(x) = 2(x— 1) f(x) + (x — D (x)=F (z,) = F'(1)
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FEHRE @

SF () e[,z ] FIREREIMEM, UL ELFEEE (1,xz) C(1,2) EE
F'(&) = 0. F L% (B).

B, T F () Bt , R BB xo.x = 1 U F'(2) BREEAE R, H
AN (C) (D).

GEEY 6T 407§ R 50 500 (08, 0 A 2 /R G 2.

ool (=1 D
[5#7] FIE S () MR 20 RREBEE lim [ (2). ﬁfﬁ’h‘ﬁ%]ﬁ%#ﬁﬁ

P limif' () = A, BT =

B (ID:djky66)

0

o f@—fla) O : -
fe (x rljf‘i T—x  RGEEA lim f(z) = As

BT F(x) =1L () = fa)=>Ar= f(x)= limf(x) = F (x0)

z—=x,

= f(2) T z = z, L, ST HFE =(A).(B) RIEM.
]

-1

fx) — fla) 0
X — X i

FIE. L lim () — com> /- () & 3,5 £ (@) 3 FI. FHO FIEH.
et =

# lim f (x) =oco=> limﬁ

1irr5f(l->:oox>f1 (x) A 3,5 (a3

Ty

E s} J

xzsinl, z#0 2xsini—cos—1——, z#£0
o o T X

[EE] f(x) = { 5kE f(z) = {
0, E— O

=08 f(x) WIE co B 2K [a Wi .

[(£%] C
(o471 # 1 A9tELa.c)i[e,b] ERHEE A PEER, 36 € (20,4 € (c10)
1%

0, xz =0

Lf)f%iﬁ_):f’<sl>>o,iﬁ’i—:cﬁ—ﬂ-=f’<ez)<o /|

tele ) EER F (o FIREE AR Em = 34€ (6,6 8 i)
@
fo = LB L8 <o IR
2 1 |
BICC) misr. #(O). '

sk 2 W flz) =21 —z2),z € [0,1]=f(0) = f(1) =0,
Flx) > 00z € (0,1)), f/(x) =—2. fHFA) (B RIEH. HH] () B R R, U A1 (D) AT
B, 2 (C).

(£%1 C

[547] FSAETBR f () .0 ERES HATL, ERE N, ERELW
AR EGR f(a) = f0), MB/REHM, ¢ € (a,0), F (&) =0 X f(z) #0(x €
(a,b))= f(x) 18 (a,b) fEIESRIB = £ (2) T (a,b) HiH = f'(2) F(a,b) B R E— .
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B BRGER6608 - M= (EEH)

¥ (C).

LiFEEY (o) fELa,b] B ™ ag M g5, X fla) = f(b) = 0,0 z € (a,b) B f(z) >0
g f(x) <0,

[£%] B

[5#7] ERFPEFRER R [ 5 ga) Ela.b] FELE, B f(0) < g(x)  Hi%EE
f/"ﬁ—-fj‘ x € [a9b] ﬁf(xl) <g(rl)sﬂlﬂ

b b
J. flx)dz < J g(x)dx.

WRERPH 3 AMER:Da<b:0f(2) 5 gla) HELE;Qf (2 <glo) HELH -4
CoH b R B ST B AT 2 (B,

(5] mxﬁliﬁx@ﬁ%»o,&wﬁﬁw.fﬁxseumﬁﬁ“fmdﬁjfgum:
Wk, B LA 1% (C). T (D) EREET,HNE flx) < glx) #HEARH | f(.:c_) <zl gty

v [£x] B

‘ N R
(i) gkt [ade= Zo|t o S B,

(1) g

1 a,

X lim(n -+ 1)

Reeco

Bt lima, = 1. 55 3 (B).

n—eoo

[%£%)] B

(4] a, =3 LJTU F 2T+ 2y = 3+ Lo 214 gyt
272 0 3

-0+ () 1]

[ﬁlim(l-‘r%)" =

e

=.1,limg, #1.= 20/ 4

Ns00

1

0

n—eco

e, lllimna, = (1+ )7 — 1. B 3% (B).

VLN [%%] B

[4#7] BRI SE B AR B, AT P 24 A /i
7 dx oz ,‘,Lﬁ dx
Jl l+12gjl 1+Izd‘r§3"1 1+.‘rz
MR lim3% = 1, e85 5 =

. ﬁ\’y.;dz B dx
I=3Lrorlcl 1+12= 1 m-=arctan:c

Ny

AT,
1 3

B

I =
1

—_
oo

#(B).

el [£x]1 B
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mEuE ®

.J; 2
[4#) HAR ljﬂ_f;ex =+ co, Ji AL Einme‘[L e dt+al =bFEX
VE -,
lim['[ e dt-i-a]:r e dt+a=\/—,§—i—a

23
x—=too JO

HOBAYLE 40 = 0,0 = YECER b = oo, FAKH).

G */75 N EE, EREEOERA SR, fE LA,

o afx
e J e’ dt— =
b= lime’[j e“idt-—‘/—;]= lim szz
T—++o0 0 2 r—=+too e
o X
e e —
= lim 2_:/3—: =—2 lim L =g
e A— 2 et
#(B)
576 INEEI I
T :IJ_ 3 0
(541 58S F =— [ f — 0@ =) 2= — [ 1
0 x
- lrﬂs)ds
ey
F(x) Hxaf(”ds (232" (z)
lim F®) _ oy 8o ” 0 g ST SUED gy
Te0) g(I) z=0 iIS 0 6z z—0 xT
6
1
g(r)~€x (x—0)
i f(;) = lim fa) ;fw) — £,
[ I, % (D).

[%%] B

[5#1  %RE f(o) BERER 5 2+ 08,

1 1

f(x) =J ln v/z2 +t8dt = %J In(z? +¢*)de
o 0

=roo1 2

=0 2 j-o Iz+t2dt

L = ZJ]__l__
2ln(x: +1)—1+= axz—l—zzdt

- —%—zln(a:z 4 2)

=1

= —1—ln(IZ +1) — 1+ xarctan 2
2 x

=0

= iln(.:t:2 -+ 1) — 1 -+ zarctan 1
2 x

Wz = 0, £0) =Jlln fif——1,
(1]
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BFRMITR6608E - = (BZEM)

1
l =T _!
Bl £(x) _{ n(z* +1) — 1+ rarctan .r#O.

=] g =20

imf(z) =—1= f(0),BFLL f(2) 1€ x = 0 S AbiE%E.

lim M lim l:—ln(:r <+ 1) 4+ arctan i]= L8
aiF T 2

—ot 2

M = llrn|: [n(.rz-i-l)-l—arctaniJ:—
x = |12 r

=0

lim
=0

FFLL f(2) 76+ = 0 fALR AT &,

(%] C

[547]  XRIHESE RS f () TE4M R« = 0 A il e 2, o] S 55 RAn gt
[in] fit.

it f(o) 1E = = 0 ZbAY AT Sk, #8258 SUSEZMBIR H £ (0), £ (0).

£ A =t LELESO i L 4 atagin L

TR

et & gt X T
1 1
= lim Sz’sin = =0
ot T 25

J <} Z
£L 0y = Tim -ZJ Sin 3 — LeinaElzn _
e X0

2x
= f(0) =0.
Bk o,
2
x> 00 f’(;c)=—iln(l+x3)sin%+%lgrrasinéJr%ln(l+.rj)cosé(—ﬁ)
5 limf (x) NIFTE 1N
:41)
: P 18 3% 1 N
Jl__i_?l( sIn(l + 2° )sin — +I = 3slnI)gO%-O—O
3
lim L inic1 + 28 Yeos = & (—L)* lim ln(—l—la_:r—)—cosi ANFFTE.
st & z % x &

0

B ) fE x = 0 4 RSk ﬂ(u
CIEEY (D) 1&hmg(.r) 3, limA(z) A I= hm(g(x)+h(a:)) A I . EFZNFlimg(x)

T 0 Elj hmg(r)h(.r) 31“ =]
(2) %5’&#% Sy B,
2
f(z) =— izj sin zdt+lsin oo O

il hmf (z) = lim ——Z-l—smz oh 2=t hm251nx =04+0=0= f(0)

HHW () FEx =0 &tﬁﬁﬁﬁﬁﬂ%%ghmf Crds
SVl [==x] D

[5387] g F(o) MBS y = F(2) BN, 3558 F' () 5 F'(2). 28 BR 3k S5 56
¥ f(x—0) B 2 B f ARG ERIESN 2400, i, MFRS Sr—t=u,t=0
Bt w=x;t = xbtu =0,FF
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HENE €

F(z) = JI(I_ 2t) flx—t)dt = J (2u—x) f (w)(— duw)
0 x
=rzuf Codhar— xrfmdu
0 0

F'(z) =2zf (x) — zf () gﬁf(u)du — 2F(2) ——J:f(u)_du,
F(z) =xf"(2)
FC(0) = 0,F'(0) =0,% <0 F'(x) > 0;% z > 0#f F'(z) <0.
i y = F(x) 7E400,0) A A0 2 M, AW i . 5 (D).
GEEY (D) 4R (A) 8% (B) 248 IR B BB AL , 1% T (D) YA BEEEHEE.

{8 3% T 1598 A3 , T @ PSR IE B (A) 5 (B) #ARR. H8 b, HEIE « < 0 i F'(z) >0,H
F'(0) = 0,8 z < 0Ff F'(x) — F'(0) = F'(&)(x—0) < 0, B F'(x) < 0,F(x) J*4&
YRR Y 2> 0 B F/(x) < 0, AT = > 0 B F'(2) — F'(0) = F'(&(z—0) <0,
Bl F(z) < 0,F(x) IR BRI, F0) AR E.

(2) X HE(0,F(0)) = (0,0) & y = F(z) B A. A — MBS0 & (o) A%, (x,

flzo)) £y = flx) BFH LN z = zo KE f(z) LSRN

[%%] B

[5#7)  ASBRARAM RS F(O) = j [ f<y>j' £ (dr]dy,y B, B R f(;oj' Pl

R’ﬁ“@iﬂﬁiﬂﬁ%%ﬁ{ﬂﬂx)m.{’ﬁj@ ML 8
(ffmd::)’ BNl
FR )
F(2) = J:[f(y)J;f(;r)dz:]dy =_—J'l (J;fu))d(ﬂf(z)cix)

— 3 {[yeoa] |- H{[ s

y=1

F(1) = f(z)f;f(y)dy,

F () = f(Z)ij(y)dy — £(2),3(B).
EREHN _ERS P . BFHEE.
581 EINEEI e
[5#r]  #2E g(a) MAFHEE.
gl—x) = J, |—z—1t | f()de = ﬁ | x4+t | flode
f" lz—u| fi—wdl—w) = J_
FI g () BA8 R, 2O,

/i’\z':*u

| 7 —u | flu)du = g(x)

532 ENCE) INe
L5471 GEBE(C) E#. £ (o {8 %, 8 of (O jtﬁﬁw,j‘}f (Ol = Joif(t)dt g
J.:rf(z)dz W u E@{%E@ﬁ,ﬁuﬂ[r:ﬂz)dt]du B W&, (O E#.
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HEERTX6605 - M= (BSEM)

[FE] 55X (D) 2EEE, (A) ROZE RS, (B) 00208 EE, ok 225 .
[%%] B
[5r#7]) ﬁgﬂﬁﬂﬁéﬁ’}f&,%%x =u, FRdx= %du,x =00fu=0;xr= f— Bfu =1,

J:tf(six)dz = Jlsf(u)du
RS sEx, 5 ¢ Tk #EB).

ER] C

(5471 %ﬁﬁﬁ%?‘iﬂim‘ F(z)?kﬁ”ﬁ%l?& I7 % P BR 432 0 ok

Jiolr+5) 2 = 4 s+ 520 L= %rgw%
=% (“+I72)?u+z & 2)%
== s +%)d;+% E(oH D)5 (%)
- Hfafer £t e 2
<y
Bt F(z) = 0,20,
585 B¢ e
L5471 ' szfmdx=J'2.~cf(x)dx—ﬂzf(x)dx
P AL BB B4 | 2f (o) %*ﬂ:ﬁf b,
fomdz Lzzf(zozcuisﬂzf(wdx

Y rxﬁb;)dz - sjle(x>dx~fxfcx)dx - 7fxf(x>dx
1 y 0 0 0
CEEEC.

&R C

[5#7] F(2a) —2F(a) = J:uf(t)f'(Za —t)dt — Zjaf(t)f'(Za —t)dt

2a a

=J £ F(2a —x)dz—f £ (20 — ) de
a 0

it 58 — A~ F 4

S 2a—t=u
Xt 5 — A~ B4
fESr SRR 4

J:ﬂza —u)f'(u)du—Jaf(z)f'(Za—t)dz

f2a—uw) fw)

:+f:f<u)f’(2a—u)du

—J:ﬂu)f’(zcz_u)du
= ff(a) — f(2a) £(0) = 1
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[%%] C
[ #7] ER:g(x) Tla,b] L 7 (a,b) T, M g(2) #La,6] LM ©g'(2) >

0(z € (a,5)),%(a,b) WIEBFREA g'(x) #0.
Bk F = [FOdCEE e8] T8 #e,t] RRHM OF @ = f(x) >0
(z € (a,d)) BTE(a\,d) HERTFEEA F(z) = f(z) #Z 0. Bt#EO). ‘

oLl [==®1 B ) {

1 |
1 u=— In — |
.. l _ (z Int t z ” __1_ i
LD IR f(.z:) h 1+tdt ('=—l_) J11+l( uz)du
u .
_F Inu [ 11 '
= Tt D™ Jll“"( o)
_[(Fhnu, [*lnu, _ 1,.1°_
= [ lnug, Lu_Hdu Zlnull £
> f(z) +f(%)= %ln‘x. #(B).
ik 2 iEF(x)-—*f(x)-i-f(-%),ﬁlﬂ
' Ao 1y 1
F(x)—f’(x)+f(x)( x,)
In x ln% 1
> 1+x+1+_1_(—:_c?)
s
=lnx+ In x =ln.z
14z x4z x
= F(z) —FQ1) = jl “‘Téd: = Lin'z
B F(1) = 0= F(z) = %lnz:c. #(B).

(581 A

(i) 1= JZeos'zds = 2] | cos x| o, HREHA = At A
RavEm = )
I1=42- 100.[: | cos x | dxr =42« IOOEil | cos z | dz

= 200 «/fjfcos zdx = 2004/2.
A ik (A).

590 I CEIN
(441 BE fa+20— @ = [ [ =™l HHRAHMU 2 BB AR BE

« 221 -




BFEAT K660/ - BF= (BEM)

o, i A R B B 1 7S
flet2m = f@ = [ [ = 1ae = of [ — = 1ay

t T u

o
_ZJ- gty _e—cusudu
0

Eﬁ’f(1+2ﬂ) "f(l') = Ofiﬁ(A).
LiEE] MBS TEE.
g(t) = e —et B 2n N FMIMELZ B, f(2) = f:g(t)dt,%‘ﬁ
G J:'gmdt = jj"erwj:"emfrﬂd(n- £
= f:xe“’"dt-—'[i e dy = 0

SACL T = Eg(r)dz R 2n AR ES, B £(2) = £z +270). B (A).

PR RS P I
8 () RLL T HRBMELELN £ = [ gd £ T HABHHER R

1
J g(t)dt = 0
0

AR [&£%] B
[53#) 1 sin 2 < x=>sin(sin x) ésin x(x € [0,%])
= J.Tsin(sin x)dx < Lz sinzdr = 1,801 I < 1,
X

5 -
2

b 0
a—j cos(cos(Z — ¢))ds
3 2

x

J" cos(cos x)dx
i

= J.?cos(sin t)dt>JTcos tdt = 1,80 J > 1.
0 0

B T <1< ],

& (B),

EF ==x1 a y
ie £y 1

[547] %% F(x) =Lf(£)cb: —fo(t)dt:»

F'(o) = ) = [ fdeel0,1] kiesma N

F'(z) = f'(2) <0z € (0,1))
=F () TEL0,1] BB T R
NFO)=F()=0,\BREE >z c (0,1),F'(¢&) = 0=>
>0, 0<x<®
F’(I){=O, x=¢
<0, e<<x<1
= LF{a) = F(0) = 0{z & (0,
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HEHT @

F(z) > F(1) = 0(x € [&1))
=>F(z) > 0(z € (0,1)). #E(A).

GEE] %SRS, L FE EEIEH T T4
& F(z) 7Ela,b] LiELE,7E(a,b) AT 7, F(2) 7Ela,b] ERMNEE, B Fla) = F(B)
= 0, F(z) > 0(x € (a,b)).

[%£%] B

[F) k1 ABEEREAW f(2) E(—6,0) LHAFS. @ f(0) =0XH ()
> 0,F7 L £/ (x) Byam, B E (— 8,00 M0, EAHAE F(z) <O0f f(x) >0, AT
fx) fE(—68,0) EBEAR A, FE0,0) FEERm, BT £(0) =0, FRAEES® LI O

= 05 HlE 2 A £ > 0, MTT[f(dz > 0, BB,
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