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z, 1<z2<2 oz, 1<z<?
l333, Ol < 1 lf—l, <<l ]
(C)4 3 . (D)4 3 3 .
r—1, 1<x<?2 =Ty B EED
. e, <0 z
4.&f(a:)={z U FG) = [ fodetiz =04
r+a, >0 -1
(A) R ERFEFE(E A i 4. (B) HELEEAT F.
(C) Al &. (D) REARYS o HEESX.
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5 - v b by

5. WAEKE][a,0] F f(2) >0,f (2) <0, () >0.45, =jf(x)dz,
! TON_ v+t
1 y

S = fB)(b—a),Ss = SLf(@ + fFB ]G —a),

(A)S, < S, < S,. (B)S, < 8, < S,. . \ f(®)

(O)S; <5 < S.. (DS, < S < 5. o e
6. % f(x) iéé?i,ﬂlljdirtf(xz — i ydr— !

ZJo
(Adxf(z). (B) — zf (z?).
(C)2zf (). (D) — 2zf (z?).

7. f(x) %8, HEER B o R 52° +40 = rf(:)dz. Y z— 0 B} axf(z) He(tan £ — x)*

EHMTCTE /D W
(A)k = 3,c = 4. (B)k = 2,c =—A4.
(C)k = 1,c =— 30. (D)k = 1,c =—90.

8. % a, = %me”_i V14 2 dx, W R limna, % F
(A)(A+e)7.+1, (B)(1+e )t —1,
(C) O+ "2 +1. Caple =3 ik

9. limln,\n/(l+%)2(1+%)2...(1+§)2 a7

n—eco

2 2
{A)J fads, (B)ZJ P
1 1

2 2
(C)ZJ a1 4 2)dz, (D)J’ I T .
1 1

10, &% I, = J’:sin(sin x)dz, I, = Jicos(sin a)dx, Wl

0

(A)I, <1< 1I,. (B)ls I = I,
G, << b= 1. (DL < I, < 1.
1. I = J'T]n sin #dzeJ = J-Tln cot zdz,K = IT[n cos xdx, W I,J, K BIK/INKEFRH
0 0 0
(A)I << J < K. (B)I << K < J.
(C)J < I < K. (DK < J <1
kx 2
12. % I, =J e’ sin xdx(k = 1,2,3),MFH
0

(M1, < I, < Is. BL <L <.
OL <, <I. DHL <L <.

o
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13. #i2 y = sinTx(0 < 2 < n) 5 = BB BRI BT 48 = Sl % T A B0 R % Ak ) R B R
4 4 4, 2
(A) R (B 3 © 3T (D) 3

x+5 _
14'Jx2—6x+13dx =

15..[' arc512n Tz =
x

t6. | <x+2)2d" i

17,8 f(x) REGEHGE[ f(d =z — 10 ) =
18, % f(z) REGEW, B f(2) = 2+ zj:fu)dz,mu flx) =

1. zdz -
° (2— 1) V1 —x°

ZO.JZZ Jxcos J/xdx = 3

21. " [cos x+I —* d¢)sin’zdx =

22. [ ooz —cos'zdz = :

23. % a> 0.0 x Viaz —2dz = .

24,1 f(x) = I—J:f(x)cos zdx, U f(z) =

25. % f(x) ﬂﬂi"ﬁ%‘i@ﬁ,EJ:ﬂz)dt =37 —=z ]_]f(t)dt,m'.' flx) =

26. lim ;lz—[«/nz—l-l-«/nz'—22+"'+«/nz—(n—l)z = .

27.11m—«/1+cos—+\/1+cos——“+ +‘/1+c05—)— .

1
28. limJ e *sin nrdx =
0

n—+o0,

29. RRH f() i’fﬁyﬁf:f(t—x)dt =14z — lmeJ'l_lf(I)dI = .
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30.

31

32.

33.

34.

35.

36.

37

38

39.

40.

41,

42,

43.

©

B

%J’ = e murm fAnz),
0 1 x

J e dx _

B 4T) oz —2
e axm[Ll
oy = — S| L0 by

Elﬁ!ﬁyzﬂﬂ—%,x:zﬁy: 2 PTG TR S =

BRI AR TR r = e’ (a>0), Wl 2 _EARR T 6 M 0 28 5 200 i — B -5 H
Fir BBl AR B9 B JE 4 T AR

= RER) Ly = j:tan dr(0< 2 < T )ik s =

EFE =R — R LR ALT « B X E0,1] b HFHEEEe =— 2 + 22+ 1,1
BB RO = =

[ L@ [t
.frﬁjo D St J 04,

dx
Tz—= 1

I‘.Ju arctan(1l + .‘:)d.‘:‘l du
R AR PR lim :

Zip (1 —cos x)

ol oo

o ;

@ f(o) RAERES RN, A f(:c)Kf(x—t)dt = sin'z, K f(2) 700, %] LHTH{H.
B f(2) #E 2 = a WESHBATE, B f(@) # 0,k ikHlim ! S
= | G=dF@ medt

BB £ TE[0, +00) ETATS:, £C0) = 0, BT H¥ W g(ﬂ%ﬁ’“”gu— hils =
2 In(1 4+ ) ,3R f(x).

B S(2) =f | s | 2
(DY n HEEH Har <2< (n+ Da B, 3EH 20 < S(x) < 2(n+1);
(2) K lim 242

x—=tco X
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44.

45

46

47,

48

49,

50

51

52

53

1 tmj; B T A —*ﬁ_[lt" 1oz | deCn= 1,2, ) BT/, 13500 3 g 5
1
(9 i, = J Iln¢ | [InCl 42T deCn = 1,2, ), RA% R limu,.

=00

Fil1y = kJ:xe’_‘f(J:)d:c (B> 1)
ERELHFE—H e (0,1, 8 (&) = A—¢£)fe).

CREE f(2) 7E[0,3] LESE, 70,3 HFEE_HS%,. A

2£(0) = J’:f(:c)dx = £(2) + f(3)
(1) SEBAFELE 9 € (0,2), 48 f(p = £(0);
(2) IERFELE £ € (0,3), 4818 F(&) = 0.
& () 7[0,2](a > 0) J:ﬁ%*s,ﬁﬁfmdx — .
IR ¢ € (0,a) {18 fla—&) =— f(&O).

L fCo) 600,17 b sk EHAEE ¢ <o,1>,ﬁj:f<s>dz = (1—8f(®;

AR fC2) > 0 H B EuE A, WX Fl & BE— Y.

By = f(x) ZREL0,1] FM{E—IEfn %2 ph %,
(D) RIEFFAE 26 € 0,1 HBAEREI[0, 2, ] B F(z) HEWEFEH, % T4 X8
Lzos1] ERL y = fCx) it i1 G il s B 7 16

(2) X% f2) ERAO, D ATE, B £ () >— sz) EB (1) iz S — .

CRRH f() FEL0, 1] FAELE - RELH (0 = 0, MIEELFLE—R € [0,1], 48

e = zf F(2)dz,

BB f(2) FE[— 40 0] BiESE.E 2 = 0 AW F, B £(0) 0.

(D ERIMEE 2 € (0,0 ZLHEEOE (0,1),{HiH
J:f(:)dwff(z)dz = [ FtiE) = Fi~ped]
(2) SRR limo.

LR () 7EL0.2x] EEAH —HrESLSHLH f(2) = 0,18 .

2n
J.O f(x)cos xdz =0

PR () FEXE[0,1] WS, H | f(2) |< M,iF8.

M
2n

©

‘ _ 1k
Uaf(x)dx ngf(n) <
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1

54, F() R FA) =1,f(z) = uzﬂxﬁﬁﬂﬂﬂﬁﬁﬁﬂ$ﬁﬁ1+%.

£+ /@
55. (B =RER) — 77 58 10 7 002 oh B o iy 2868 5 MR — SR TR y
4 (5> §) 55 =1 < ) )
BT AR i

(1) RESBNER; \3//1 *
(2) EH SR ER KNS BT WML, EOBEMES S Ay

(KBEEBA . m, BAMBE RN gm/s* , KOFEE R 10°kg/m’). 5 '
56. (R SRER) RIMA L WFBYy = +2° —Th 21 <z< o).

(DR L B3k
2 DRBHMAL, HL z =1,z =&z MHTETFEETE. X D K .LHIBLLS.

57.RMZE y=3—|2—1| 5: MERNEAEEEESL y = 3 REMENIEREER.
S8, WHMPE My =a—bx’(a>0,6>0), RAETHEH a0 BE . EH
IOr584y =+ 184
(2)I' 5 = BT B EE S y BIlEH RIS REREX.
59. WM& y = L SH&y =z Ry = 2 FEKHEA D,

(1) KRR D 45158 = A0 y BUIER TR IER R BB
(2) REB D 45158z = 2 Fl y = 2 RRFEFBIEH E AR,

60. R#I% y = 2° 5HK y = x FIERM D BHL y = z JeR— R BRI KRER.

61. & FHEE D i r = (1 + cos &) B, AR
(1) X# D fmEH;
(2) I D iR S5 — A BT 18 e s i s 4R FR.

<:> | «99 .
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EHFARZ R R
ME BE o 24 A
0 % a -b,ﬁ
FF ity 5 (5] B[] KT & H SEREAT ~/
o5 — kil
|
P |

%%fl\,y(O) = mﬂl‘] y(l) %3:

(A)2x. (B)x. (C)et, (D)ret.
2. 7R ¥ + 2y +y = 3ze WML K
(A)Azxe ™. (B)(Ax + B)e ™.
(C)(Ax + B)xe™. (D)(Ax + B)z%e ™=,
3. AR = ey, = 2ze 7,y = 3" =M E REFRER RS T EL
(A)y"—y' —y +y=0. By +y' —y —y=0.
(C)y” —6y"+ 11y —6y = 0. (D)y” — 2y — 3 + 2y = 0.
4. AR Y — 4y +8y = e (1 + cos 2z) WEEETRN vy =
(A)Ae** 4+ e**(Bcos 2z + Csin 2zx). (B)Axe* + e (Bcos 2x + Csin 2x).
(C)Ae* 4+ xe** (Bcos 2x + Csin 2x). (D)Axe®™ + ze** (Beos 2z + Csin 2x).
5. B8l y = Cie" +Coe ™ +ze” R —MM S TRERE
(A)y' — y' — 2y = 3ze®. (B)y" — 3" — 2y = 3¢,
Oy + v — 2y = 3xe. (D)y + 3 — 2y = 3e*,
6. TE R I B P, L y = Ce® + Cocos 22+ Cysin 22(C, G, , G R HHO s i) 2
(A)y"+y —4y —4y=o0. (B)y” + '+ 4y +4y = 0.
(C)y" —y' —4y +4y=0. (D)y” — 5" +4y —4y = 0.

THAHR Y —Vy=¢e" +e*QU >0 MRFERXY
(Ada(e™ +-e™). (Bazx(e* 4+ e™). (C)zx(ae* + be™), (D) z% (ae™ + be™).

8. & zln zdy + (y — In 2)dx = O Wi BRI &y ... = 1 (i .

S
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&ﬁ%ﬁﬁw+fo—h®=0ﬁEﬂFw=%Wﬁ%% .

10.

11.

12.

13.

14.
15.
16.
17

18.

193

20.

21

22.

23.

24.

25.

CBRREL f(2) RS — B PR R

FERA+e3)ydr+ (y— 2)dy = 0 B H
EAAR Y fay +hy =0 BRI y= Ce+Coe =, MHR Y +ay +by =¢
WM & v(0) = 0,5/(0) = % b .

F# Y +y=x+cos x BEMBRN

WEE v BR Y+ (x— 1Dy +2ly=1¢,H y(0) = 1.7"51imy(:2—2_x =g;Mll a=

0

T RBAEFREEM S TR Y — 4y + 3y = 26" WERN .
=B RBEHFFUMAS TR Y7 — 20"+ — 2y = 0 BN
(REE=FR) TR 2y + 10y, — 5¢ = 0 B A :
(U E =R ZAHRE y — 2y, = 4@+ 02 HEMBH

Wy = y(2) WRMO TR Y —3y +2y = 27, HEEBAEL 0,1 4bAIH14 5
fy=2 s+ 1 FEAMILES REK v = v(2).

By =3,y =3+2° 5 =3+ BREZHRMUAEFRABO=1958, Rz
T R T At

R HR Y+ (z+e)y? =0 Wil

flz) = J:(xz — ) f (D) dt + 2
® fx) HIFIETR

#w f(x) Eﬁ,ﬂ?ﬁﬁ:‘ﬁf(t)dz = I+J.:£f(1*i)dt.3k Flz).

W f(z) AELERE, BH L
flx) = e‘—%—e’Jj[f(I)]Hz
K f(x).
£ @+ fta) = 2= [ fwa = o
(1) R F(2);
(2)EB: Y z = 0 BF , A&EX e < f(2) < 1 BAL.

W () #E,H () = H (2 4+ ) (V2 + 3y )dxdy + 1t = 0,3k f(2).

£+t
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26.

27.

28

29.

30.

31.

32

33.

34.

35.

36.

B f(x) FE(—oo, +00) FHEN, ) =2, EEM z,y, f(x+ ) = ef(y) +
ef(x),K f(x).

W f(x) (1, + ) LAZEZ_HIFHE. (D=0, (1) =1,Hz= "+ ) f(*+
) ﬁm%ﬂ%ﬁ — 0,5k f(x) #E[1, +o0) FHIBKIE.

CRER u(z,y) WA du= [+ () ]ydz+ f()dy, HF FEAA-HrELENIH,

B f0) = 4,f(0) = 3,5K f(x) K ulz,y).

REFROHME y = y(2)  FHEEE— K PRELBEPQQETP ﬁﬂifﬂi‘%ﬂ%ﬁ%‘ﬁx

BEZR) BRI TFHRIL 2y =2 k.

REH f(x) #[0,1] %L, 7O, AAFR EHEHS TR 2zf () = f(©) +%ax2.

HRy=f2) 5HER z =1,y = 0 FTEREIR D WEFN 2,K:
(D f(x); ‘
(2) ff D %2 = BUHEF — T RBEH R BN B/ a.

B/HE L F 0y FHERBE—2BA,.L LE—SAMUEHIILKSE y BhEMHE3E . ZRICH
A B4 |MA|= |OA| ELii-‘-i(z 2) R L WHRE.

CEEERER) EEETFE—FKE LML, K EE—R P(z,y) LK% T it

%EV}#‘\B‘J&‘&&PQ&&E@{@J&(QE%% 5z #hiy ), BHMKEA D LML
5 x #¥%17.

B LR FTEMR, K EER—K Pxy) (x> 0) BLHIANER, 5% T %A
WIS y B LR, B L B4 (0).

(1) R L HHE;

(2) 8 L FH— RO 09— SR, IR S L 1R P4 AR5 B 0 E B
& 5= () REFI () WL (= o0 = BRI, % —x <z <OBF, M LFE

—RAMBEEBER AL 0<z<nb, BH (@) WE Y +y+z=0. REH y(2) B
FiEHK.

eamig L. (Z -7 0<o < I e EH F0 AHERRK,E FO =0,

y = cos t,
F@>00<t< -2"-). HME LIRS « B SB U SEREN 1, REH ()
MFRERFFRUME L B x By Gkl R e X m R,

2Oy IR E L, EEMEL LI AMA,0), K EEREA P(x,y) (27 0) ML HH
5HL OP P EZEZETFax (E# a> 0).
(MK LBFE;

@ %L SHSy = oz FIERFEEBHEEND S 67,95 o WL
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Y 2% % aRfiuhrs

FBFRZRIT TR
X BE et 4 AT =
FF 1 i f] St jE el SEIRAT /

55— Kl =
o5 R
% =R
1. B4 flz,y) = V=o'

(A) £.€0,0), £,€0,0) EBFFLE. (B) f2(0,0) REFLE, £,€0,0) FIE.

(C) £2€0,0) FFHE, £,(0,0) AFFTE. (D) £2€0,0) 4 £,€0,0) FHAFFLE.

2. EAE 2 = flz,y) TEA(@osy0) oF frlZorye) = as folaosyo) = b, M FHI B EFEIRE
(A) lim f(z,y) FETE. B flx,y) TE(xos30) A —EELE.

Tz,

(B) f(x,y) TECxy s 30) AbFELE.
(C)dz| (2505 = adx + bdy.
(D) lim f(x, o) Blim f(z,9) A AE B A S,

Tz,

Ty
3.3 flzrp) =<{m B EOD o iy 0,0 1
0, (z,y) = (0,0)
(A) BIRFEAFFAE. (B) P 5 BUF (AR i
(C) RS Bk (D) T HfE 1 S 3R 2.
2 B 1
48 Flzy) ={(I Todsmcgroy ED N G s 0:0) 4
0, (x,y) = (0,0)
(A) B RFEAFFAE. (B) PR -S BUFAEE AR AT L.
(O) RS HELE. (D) A BB IR S BUR 4.

5. REH fay) A BAER .y WA L5000 > 0, 20D <o, iR %R
f(Il ;yl) <f(-rz vyz) ﬁE_\"EB{J—/I\ﬁﬁ%#%

@



BARE BSTHERKIH

(Azy > z23 < y2. B)xy > x5 > y2.
Oz < z29m < 2. Dz < 22251 > 2.

6. WA B f(xr9) maj—_{} 1.3—;‘ <—1, £0,0) = 0, FFILIL ERI R
(A)f(1,1) > 1. B F-1,1)>—2. Of(—=1,—D <0. (DO)f(1l,—1)>2.

7. REH F(z0y) wrl < o,g—§ > 1,0 F 540 E IR

(A) £(0,0) < f(1,0). (B) f(z,2) < f(z, D).

. N . flzyy) — (& +5*) _
8. iREBH flx,y) 7E4(0,0) Bﬂ%%ﬁﬁﬁﬁx,ﬂw&%m NrETa 1, [

f(z,y) Z£A,0) 4

(A) #E&. (B) A MMRSFBEBAFE.
O ANMRIBYFELEBERTH. (D) ®IK.
. flx,y) +2x—y+ 2+ 3y _ .
9. EA flx,y) #(0,0) ,ﬁﬁﬁ,ﬁ(w{%m T, =0, THLEILR
EHHR
(A) f(z,y) 7£(0,0) AATHL. (B) f£2(0,0) =—2,
(C) £,€0,0) = 1. (D) £2€0,0) # £,(0,0) AR —EFELE.

10. ﬁﬁﬂ% = 2,8 f(x,0) =1,f,(z,0) = z, 0 f(z,y) &F
(A)l—zxy+ 3. B)l4zy+y. (O1—zty+ 5% D)1+ 2y + 5%,

11 BB f(z,y) 7E4A00,0) R4 Py ELE , BLlim f"f':g:z_:__fz_j P = >0,
. "'g x y

(A) £(0,0) & f(z,y) HREABREREL.
(B) ,ﬁ(osO) % f(x,y) Wﬁﬁﬁﬁﬁxﬂﬁ,ﬁ.
(C) K(0,0) £ f(x,y) WHR/MISERREHE K.

(D) RIFBFARMTEHIBEO0,0 BREH f(z,y) HRESR.

12. BB z = f(z,3) WM R dz = zdz + ydy, A K (0,0)
(A) FRE f(z,y) BIELES. (B) RE f(x,y) BHIREA.
C) & flz,y) R KEA. (D) & f(x,y) BIB/MES.

13. R EH f(2) BAHELSH . B f(2) >0,0) =0, MR z = f(In f(y) A
- €0,0) BB H//MEM—IFELS KGR
(A)f(0) >1,£(0) > 0. (B) £(0) > 1,f(0) < 0.
(C) f(0) << 1, £7(0) > 0. (DYFC0) < 1, f7(0) < 0.

14. WEH (), g(x) WHE_MEE SR £(0) >0,g(0)<0,H f(0)=g'(0) =0,
MEH z = f()g(y) TEL0,0) ABBB/PMEH - TS KR
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15.

16.

17,

18.

19.

20.

21.

22.

23.

24.

25.

26.

27.

(A) f7(0) < 0,g7(0) > 0. (B)f7(0) < 0,g"(0) < 0.
(O f'(0) > 0,g"(0) > 0. (D) f(0) > 0,g"(0) < 0.

iﬁF(x,y) ﬂ-ﬁ:mﬁﬁﬁﬁ"ﬁ’ﬂf‘(lo ' Yo) =0vle(1-'u ’yo) =07F;(xo ’yo) >0. %—
J_ﬁ&ﬁy = y(x) %Ehjfﬂ F(l”y) = OFJ?W%B‘J?SER(xo s ¥o) Wﬂﬁ@%&ﬁ,mﬂ o Eg
Hy=y BHBRMEH—IRIFER

(A)F’; (xo ’yo) >‘0. (B)I:"/,l-_,r (xo yyo) < 0.

(OYF,, (xo130) > 0. (D)F, (z0130) < 0.

iﬁ@ﬁ u(x,y) Eﬁﬁl‘ﬁ KD FEZ EDMATEFT 2 NELZRIE, HWHRE
313 = 0.0

(Aulz,y) B‘J%ﬁfﬁ*ﬂ%d\ﬁ%ﬁﬁ D gh R LG,

(B ulz,y) KB A M/ MEEZE D 4 AN HEE.

(Culz,y) HEKXMEHE D HHHRE, B/MERE D K4 R ERE.
(D)ulz,y) 8E/MEZE D K EEE , B RMEE 7 D AR LBE.

. _ zcos(y—1) —(y—1)cos x 19z
B = 1+ sin x4+ sin(y—1) ’m 93’

0.1

#® z = arctan(zy?), 91']

aax

.

1,0

Bz= (z+e) W
&@& z = (1 +§); ,B!'szlu.n =___ .

BB 2 = 2(z,3) BHBG+2)" =2y BEMTE| = .

.2

Wu=2ze2 , Bz = 2(z,y) AFB 22+ 3 +2° —3zyz = 0 FREAE,

du | x=—l,y=0 —

2

2 2
B ulx,y) ﬁﬁﬁ:m{ﬁgﬁ,% = 371:,5_ u(x,2z) = z,u, (x,2zx) = 22, ||

uy (x,2x) =

WA z = 2(z,y) HHB Fz+ 32 ,y+—) =0 HE, mux§5+y

S (213 | ey = 2dz + dy, lim LT T 20030) t‘f(x“y" 8
EMEM 2= f(x,y) BEAWRIm LT —z+2y+2 _ 5y
= (@ =D+
« 34
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i £ H 2,00 — 1,20 _

1=+0 t

28. % z = f lzy — ] F(Dd,0 <2< 1,0 < y < 1,k f(z) Fikse @,
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flx) — f(a)
lim i 1 fa) _ f(a)
f(a) H.wadt T 7@ 2f@ 2
F— T 1s

(x) fx
412081 /:'}t—::=u.ﬂlljj g(r—:r)dr=L )g(u)du,ﬂﬂ

'flz)
L glw)du= 2*In(1 + z)
FA M 2 kT3

elf]f (2) = 2zIn(1 + 2) + —=— yzf (z) = 2zIn(l 4+ z) + —=—

2
l-l— 1+z

Fla) =2Inil4+2) + ——, 4 f(x) = Cz+ Dl +2) — 2+ C,

1+
H ) =08 C=0.% f(z) = Qx4+ DIn(1+ 2) — z.
43. (8] (LDEHA|lcosz [Z0H nan <2< (n+ Dx, fF LU

i (n+Dx
J |cos:cldx-_<__5(.r)<J | cos = | d=
[\] (1]

NEA | cos x| L A J5 0 6 o B 76 554 0 _E AR S ERR 45 L 7 1A

(mkDx

J’DK|cosxldx:nrlcosx]dx=2n.J | cos z | dz=2(n+1)
0

EY <<z << (n+ DB 2n << S(x) < 2(n+ 1),
O HOD A Yl o< (n+ Dbt &

2n S(x) <2(n+1)
(n+ Dn x nm
& n s oo, BN lim 2~ 2

k1

4] OHO<L <18 EAF InU+0 <6, [ Ine| [In(l4+0] <
1
f |111z|[1n(1+-z>]"dzgjt" |10 |
0 (1]

¢ Ine |, Bl
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1
(2) (D) &0< u =L | | [1n<1+z)]"dtgf0:." lInz|de B%

v _ B, 1 S NS
Lt | In¢| de = Lz lnrdtf’——-!JrlJ‘Dt dz—("+l)z

B I lim J: it 2 ] s - T, =10

=0

L
S.OEY 7D =k [Tz f(d RESPHAER MESEE—H 6 € [0 |01, 178

ze! 7 f(x)dx = e F(&)

1
k
(]

J = kJ

e 1] L% ole) = ze' ™ f(x). BR4 ox) 7E[&,1] BiELE, (&, D AT F, B
e(&) = f(1) = (1)
HBREEMNELFE—AEE (4,1 C 0,1, ##%
P& =[O - O+ BO]=0
B f® = a—eg")fe.

46. (EY (D BIRSPEEMRAHR,FE 9 € (o,2>,{iﬁﬂx)dx =2f(p.
S| 7Cdr = 270 SCp = F(O).
£(2) + f(3) g 1 ,
@ Tﬁ?ﬂ:)a?E[Ls]LHﬁﬁM{a—'ﬁﬁijcfﬁzm,mﬁﬁﬁ%ﬁaﬁﬁ@%ﬂ,ﬁ&ee Lz,
3,4 o) = LRTLE)

il s L2 LE oy ey = feon.

BT £ = f) = £ o< <0< 3 MBPIREM.GEE € (0,6 € (0, f(&) =
0,f (&) =0, A\TIFELE (4.6)C (0.9,#5 (& =0
ALGEY (FE—) 4 F@ =J:[f(a—n+f(z)]dx.

a—t=u

_—-rf(u)du =0,F(0) =0

0 Fla) = f:[f(a—:) 4 ]de = ﬂf'(a—mdz
BB REBMFE S (0,a),fF F (& =0, FEGIE.
(FE=) 4 Flo) = f_ FCode, T

F(0) = rf(:)dt = i F e = J"fmds =
HBREBUNELE EE (0,a) 8 F (&) = 0, FEHEEIE.

8. [iE] 4 F(o) = (z— ]}J:f(z)dz. W F(0) = F(1) =0,

BB REEE 3£€ (0,1, F (O = o.EuJ:fcndr: (-8 .

B f(z) >0 BREELH F(2) = J;f(t)dt' (1— ) fCx) 3G, ME F' (O = 0 /Y eME—.
49. [iF] (HE—) (L& F) = xﬂf(z)dt-ﬂlll F(0) = F(1) =0,H

F'(z) = J'f(z)dz—xf(x)

W Fx) #EEE0,1] FRH B /REMEEE—H x € (0,1, F'(x) =0,



RMAKEIRE S 5 M4 e

1
B fCdt— 2, £z, — 0. WAL E 20 f(x0) SFMBBHER] F0d

1
(2) B p(x) =I FOdt—zf (), MHz€ 0,1 8,5 ¢ (2) =— f(2) — flx)—zf (x) <0, FF kA o(x)

FERXE O, AREELD, BUkE (1) PE 2 BE—H.

(F#Z) O BERM @D (= 5 ) AR o FERAL 1 E @ = 0,0z, 1) HE— &8
AR 2o B ATEE f(x2) > 0 R LRI f(2) HRE[x,,1] EMBAME, 2 € [2,1]. ERE[0,2.]

F o AEHT B R AL p(x) = rf(t)dz— zf (x) U o) 8, H ¢(0) > 0. X

1
pla) = [ fdt— 2 f(x) < (A= 22) fx) <0
*2

T B ) SR R B A B B R — 8 0 € (0,3) C (0, 1) i o) = 0, 8]

1
.[ FUdE= g Fle)
o

(2) IR L.
50. [EY (A%—) @BhEPHPEEESG
flz) = f(z2)— f(0) = f'()x.c € (0,)
N f () FEL0,1] baggk, WA LR R M R /NME m. T
' e FD < My < fle) < Mac

1 1 1 1
mLxdx < Lf(z)dz < MLIAI.% gJ fleyis ﬁz’i.m <2 Jlf(x)dz <M
0 0

th L RIS, BT £ € [0.1) B/ (D = 2 e,
(5#=) & F® = f()=22 | fexdz W FO) =0,
ﬂ Fladdy = J; Fe 8 — r Srdas J:f(x)dx
= [ rdz— [ pardz = o
BB E R AP ¢ € (0,1, 8578 | Fo)dz = F(o) = 0
1 BRI A € € (0,0 MW F'(O = 0.1 £(® = 2| flade.
(FEZ)  # £C0) =078 f(a) = Ef’(t)dz.miﬁ'é@%ﬁfé

ﬁf(x)dx - J;dx J;f’(z)dz

1 1
:Ldrjlf'(z)dx GBI PR
= Ji(l — 0 f()de
1 (] . (]
= (& Jo(lfz)dr (f%HJfEEEJ' floglx)dz = f(S)Jg(.r)dx)

= %f’(s)
B fe) = zﬁf(z)d.z,ﬁqﬂ ee [o0,1].
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51.IGEY (1) 4 F(z) = J:f(c)dz+I;1f(z)dt.
F(z) — F(0) = zF'(fz) = z[f(8z) — f(— )] CHAEHIE )

(2) Eh_titﬁ-f%]r[f(ﬁx) f(—gx)] Lﬂ:)dz—f—L F(ode

Ea] 222
o x[f(&r)_f(_ex)jg - llm AL Rl 2 B l:mﬂ— £ liml?
s 23 =0t 220 ot A

‘f(z)d:+rfu>dz o
lim k : = lim [2-JC2D _ L)

¢ 3
ot 2z g 4z

il linriﬁ = %4

=0

52. [iE] ﬁ&%?ﬁ&%mﬁ?ﬁ“ﬁﬂ Yook -3 Ap B Y A =

2n 23 2n
L f(x)cos zdz = f(x)sinz _L f(z)sin xdx =~_[ [ (2)sin zda
0 0

2x

2=
—J' f(x)cos zdx
0

0

2r
= f(2n) —fJ(O)fJ‘ F(z)cos zdx

= f'(z)cos x

2x
:J f(x)(1—cos x)dz =0

f(x)dx~—2f(7’}) ’

ke

EL lf(x)dx—EJH (£)da

|
Z JH )Id.r

-*Z)Lme)ﬂx——Wdﬂﬁm@H¢ﬁ%ﬁ>

k=]

MZ J’H (£ — pdr = ME 5o 2n

54, LiE] B4R () >0 (x= 1), f(z) .
1 T

. £ .1 00 1
_ — =| g di<| TR oy
flz) = f) szmdc 4[1 z2+ﬁ(r)dl”‘J1 12+1dI<J1 1+tzd£ 4

fla) <1 +71"‘-. B fCx) BN lim fCx) TE4E BLR g 1+%.
55. 01 (1) stk PRk AR N

1

1
V—sz’ Ay = le (I*yz)dy=i—n
~1

53.LiE) ”f(.r)d.x——Zf( ‘

k=1

B A BB 09 B B 28 K
(2) iR H3h %
1

i 2
W = 10° J:n(lfyz)(ny)gderlOsJ'ln[l—(l—y)z](Z—y)gdy
T
1
3 2
- 1031rg|:J-721(2Ay*2y2 +y3)dy+J| (4y—4y° +y3)dy:|
z
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56.[#21 (m:f JIF 5 %dx = %f
2) J'x(iﬁ — L inmydee At 1308 =8)
1 4 2 16

(b= pme)ie= o

1 e 2 _
U A O S YO
= 1, 7 e -7
12° 7 12

57.(M] (HiE—) (EMER. ABHMFBNy =2 +20<2<1),BC
AR y=4—22(1<<x<2).

e AR L0, 1] LBV ERKELL 2] EAERERV, MEMNRK
R E SN A

dV, = ={3* — [3— (&* + 2) ) }dx = =[8 + 22 — 2* Jdx,

dV, = ={3* — [3— (4 — 21)*}dz = n[8+ 22% — 2* da.

Hy X B A

1 2
V=2V, +V,) = ZKJ (84 22 — £ 9dz+ ZKJ-I(S-E-Z.Z‘E —z')dz
0

2
= hj (8 Dol e = ACT
4 15
2 WL 4]
(F#EZ) V=_2x (Sﬁy)da$2ﬂ'J‘_2d1J‘u (3 — y)dy
D
2
— nL[(r“ — 1) —9]dz = ‘%Sn.

58.kY (L(AE—) Hwr5y=z+1H0%
{a—bxz =z4+1
—2br =1

Wi b= -0 <a<D

(AFEZ) WMFr5y=xz+14H0 .M Ba—b =x+1 HofE—F, N
1

A=0,4b=
1—a

/e 2
(D V, = znj " xla—bxt)dr = % . % = 2na* (1 —a). (0 < a << 1)
0

%=L BV, BKHH b= S

2 ¥ 2 ]
59. (&Y (V. = ZwJ]Ayda = an dyjtydx = 8_7“',\/7v = Znﬂxda = 2x Jldyf xdxr = 1_61"'
1 i A
i3l ¥ D

L
¥

(2) K8, D& = 2 BREE PTG BERE IR A IR 30

2 ¥ &
V = 2x|[(2—x)do = anld_yjl (2—x)dx = n(%)*illn 2)

2]
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KBk D 58 y = 2 Jekk i B % ik i iR 31

= _
V = 21r|]-(2—y)da = 27:_[ d_yJ.: (2— y)dz = =1:1(—:6] —In 2)
o 1 i
D ¥

BO.EWE x5 = Lol Eo
r{z,y) 7 7

k]

_— 1 x = 2
V=2J]-I 4 :ZJdJ =¥ iﬁ.
‘JTD ﬁda x| dz|, 7 =

x 1+cos ®
61.08&]1 (])S-—H1d5: zj daJ ﬂrdr=f (1+ cos §)df = %’5
0 0 0
D

(2) @17F D el 1 7 F0F T 0 2 S AR Al B A 7 A A BE R R TS U

L1 l+cos 6 "
V, = 2xﬂ il 2:;] dHJ gt il %f €1 + eosio) ain gig== %
¢ 0 0

y=0

BNE B

1.[8];]1 (D).
= _ybz dy _ _ v I
Ay = P25 o MG = 2 AR R IR 1

In y = arctan z+ C

Hy(0) = @ C=Inn# Iny=arctan =+ In =
FRE,Sxz=10Ilny=arctan 1 +1lnx= %Hn By = xet Bk (D).

2.[#] (D).

RIEFBIAA+2r+1=0,ln =r, =— 1, KEHEER N Az + Bizte™.

3.[%&]1 (B).

HUEBEA r =— 1, — 1.1 R iR Fr R R MR B 5 B X B AR A 0 B 0 3 AR, LA A 7 # h

r+12 G- =r+r+—r—1=0

iR T (B).

+.[#Y ().

WA RIRERR AT S R TR ¥ — 4y +8y = ¢,y — 4y + 8y = e cos 2ax MR Z M AE1E 77 7R
P —dr+8=0fH—3EMER, =24+ 2i,r, =220

5.1 (D),

Hy=Ce +Ce™ +xe” HHBHBE .1 = 1 =2 AFDIFIER,

BIEFBEHNOC—DG+2) =2 +r—2 =0, FHMES B AERC D),

¥y = ze” {LA (D) Py #EHILTE L% 1.

6.[#1 (D).

By = Ce + Cycos 2z + Cysin 2z B H BB v ri = 1oy =+ 20 = MSFER, BT HFEN G —
DG +H4) =7 —rF +dr—4 = 0, 82 (D).

7.[#&1 (O,

FRIERBEA A =2 =0, r, =2, MFRMIELD v° = 2(ae™ 4 be™),

R 2 (C).
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8.[#&)] RHBETN

Ay oLl
dz+xlnx x

BN Ry = %(m -+ ﬁ).
0. (M1 FHEE Y = 2+ L Wl—WAKHE .y = V(e VE+C).

By | = + 1 C = 1LEBTRHBAFRN y = 2 +V7.

10. (1 HBEHTER (1+e‘?)j—$+(l—f):o.
P = Sii’: d_“ #
o6 w, M = yu.dy u+ydy.‘]ﬁ)\t_ﬁ1§
du __ ute
ydy 14¢*
“L‘!'_e_:du= dy
u+e y
—Inlute|=1InC|y|
L= By Bl =L, g = =
u—+ e C C

11.I8) v = %(e‘ —g T -4 ze®),

B +ay +by = 0REB A y = Cie* +Coe ™ WAL ETBRMNBEFBEFER n. =+ 1.0
HAREFB I P —1=0,hiffla= 0,6 =—1.

WHB Y —y = MEEEN v = ae’ RAZEHB« = %
MHHE '~y = e BEM y = Cre* +c,e—z+_é_xex,
#3(0) = 0,5 (0) = 3 18.C, = 1. =— - MFTIREFMA y = 5 (e — € + e,

12.[#81 y=Cicos x4+ Cysinx+ x+ —é—xsin &5

FFR IS TN &~ + 1 = 045 M D r. ==+ L FUWEFN
y==Cicos z+ C;sin x
WIEFRTERMBERN v° = ax + z(bcos z+csin ], AT BB a=1,6=0,c= é‘

MEFBMEARA v= Cicos x4+ Cysinz+x+ %Isin £

—. 4 s "
13.08] lim 22T Y@ o1 O
=0 = =0 2x 2

Y +H(z—Dy +2ly=e P14 =070 =2 ] a = 1.

4[] $HEHFBHN A —4+3=0,0r =1, = 3, WIEFKRERERR ae®.

RABET RS o =— 2, WEFBEEFN y= Cie* + Cre” — 2%,

15. (] CHMSFTREBEFTEREY A 27 +r—2=0,G—2)G*+1) =0,@#r=2,%1i,
WAk R A v = Ce** + Cycos x+ Cysin z.

—C(—sy 5,1
16.[#81 »y =C(—5) ‘12(1 6)‘
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17.[#8Y y = C2' 4 (5t £)2".

18. (2] XMMFWHEMNERD y= Ce* + Cre™.
BEFEOMY v = Ave”, B A=—2,
WEFBHEMAE y(2) = Ce + Ce — 2xe°.

Raﬁljﬁ"ﬁ;‘tﬂ]% -453) == 1!EI] C| +Cz == ].-C; +2Cz =1, ﬁfﬁ‘ C] = I,C2 = 0.

=0

Cs 1!.}’1

=0

BB y = (1—2x1)e,
19. (8] y:— 3 = 2y — 3 = e NFFIR TR P24 0 6 A9 45 18 , I BT R 5 Bl o

y=Czx*+Cre*+3 (1
(DRARFE/ Y =20z+Ce ﬁr— \f\ ' m (2
Bken ¥ =2C +Ce* Ny A‘“%H €))
@H—@8/ y-—y=200-2 (lDdJEyéé) o))

M-/ y—y=C&—22+3
B (5) M) L= C B
QRz— a2y + (22— 2)y +2(1 —x)y = 6(1—z)

(&D]

14 "
1 x

> Vi 1 ” _7i_. - _T
20.[R1 HySzXE,y = .5 = oo bl Tk

RABFBH 2/ — 2= e WIARY 2 = Cie* + Cre™ +%
21 (8] flo) =< Kf.’(z)dc—'[:ﬂf(odwxh

fiiz) = z;:ﬁf(ndmfﬂn — 2 f () + 2z

= 2z[ f(z) — fCO) ]+ 2z,
MERA £0) =0,8F f(2)—2zf(x) = 2z

M flx) = el Uzzej—hwx +C]=¢ sz.e-x’ Gy c]

=e'(—e? +0) =—1+Ce,
# F0) =0 RALR,EBC= 1, f(2) = —1.

22.(8] S x—1t= u,muJ::f(xf Ddt = J:(.r— w) fQu)du = xJ:f(u)du—J:uf(u)du

[rwa= etz e[ urodu
HRFMA 2 KRG
f@) =1+ [ f@duf @ = f@
X F0) = 1A flx) = e,
23,081 MEFBRARE.S () = +e [ [FOPd+e 0T

BIREFBRALS £(2) = £+ [fT ,auf"") Y
Flx)  flx)

W= s B G )ﬁ—;iﬂ PNE T ——

HRBARE u(z) = —Jhtje{b(~ e )dz+C] = e [— Jez’d:r:+ Cl=tas— %ex ,

« 105 -

A
~




FRERSH AL

W flx) =

XEEBEFES O =1,{ALEREB1= /(0= W= .ﬁm Fea) See

C‘?

20. [ (1) RERE(z+ D f () + (:c-i—l)f(z)——ﬂf(r)d:=O,Liﬁiﬂﬁxﬂi?ﬁiﬁ
(z+ 1D f(z2) =—(z+2) f (1)

Bu= @ uER It g @) — =

z+1

—E

B 0 = 1% £+ £0) =040 f(0) =—1,Afi C=— 1,k () =fre+1.

(OOEY (FE—) Hxz=08, (o) <1, flo) FEEL, X ) =1,
flo) < f(O) =1

B o) = f2) — e, p(0) = 0,¢p(z) = f(2) +e= = _T_le_‘.

LYz = 00,9 (x) =0, B olz) BN, HT o(x) = p(0) = 0,B1F flx) =
GER . Yr=z08, HUAFR e < o) < 1L

(FE=) EB:J:J:f(t)dz= FCx) — F(O) = f(z)— 1, BB fz) = 1—J

—t

t+1

HEBY 2> 00,0 < Jx+1 <Je-'dt=1—e—x,tz1ﬂﬁe-lgf<x><1

2x t
25 L1 f() — H G5 57) f JEE R s T e f dSJDraf(r)dr+t‘

PO

ZRJ'rJf(r)dr-f-z‘,

F () = 278 f(t) + 42,

Fig) = ofte’s (sz; eftug )= et ([edt e +C)= cet' — 2

T

x 4

X f0) =0, f(x) = %(e?‘ —1%

26.08) £ (z) = lim L2 T 00 — f(2)

ax—-0 Ax
lim e’ f(Ax) +e* f(x) — f(x)
ax—0 Az

= &= lim f(&1)+f( )

= f0) + flz) (f0)=0)
= 2e" + f(x),

m f(z) = 2ze,

27. 08 4 2249 = 1,0 z = ¢t () = 2(2),

j_z =a"(t) » 21'3 = 22"() +42*2" (1)
z ax°

%E{Ha‘g— = 22 (&) + 4y*2" (1),

a—f+ a— =4(2* + ")) + 42" () = 0,

dx By
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")+ 2 () = 0,2(1) = 0,2'(1) = 1.
B8 20 = In 0, £(0 = DL ¥ ¢ = e BEREMECK A fCe) = .

28.[81 HERM e+ () = (o), #iE f(2) = C +Ce” — xe”,

i f(0) =4,f(0) =3,8C =0,C, = 4. f(z) = de* — ze”.

du = [e* + () Jydz+ fz)dy = f(x)ydx+ fladdy = ydf(x) + f(x)dy
ulz,y) = yf(x) +C= y(4 —x)e* +C,

20.08] W& y= y(2) EE—f Plzy) BMMBEEFBEHY —y =— %(X—x»

SY =0, X=y +z. %8 PRI AN (B-+ 2 ) T HAMFHIL 25 = o L WE-+

'

3’2 257 2
=2 - =—4
3 + = 5 ¥y 2y x

sy =— e +2z+ 1.

30. 081 () MLHFB 2 () = f@) +Sar’ B, (@) = Cx+ oz’

1
Eh 2=J0(CI+%CL'CZ)dI%]9C= Qﬁa,f(_x) = (4_G)I+_g_uz.

(DV(a) = nﬂ [(4—a)z+%a1:fdz = a( L)

a. =— 5/, V I/,

3LEIMY A M BRER (o, ) VIR MA HTERA Y=y =5 (X 2.
S X=0,Y=y—zy H&EAKLFERO,y— 23]

| MA|=|OA| & |ly—o|=VG—0 F+—yT ).

1 18 Zyy'*%c-yz U - yz.ﬁj—;—f_ S

i = oftu [—.[xe'J%‘L‘dI—FC]: 2(—z+ OB yf =— 2* + Cz.

T HOR MR — SRR My — Vo — 2.

ARy (S )= S RABC=3 FRUANEN y= Viz—F O <z <.

32,081 HE y = (o) fE(z.y) MEEEFBRY —y =— ;HX—zxy’ # 0).

EE x B ELAR(+ oy 00 T %A B = iR LB PQ IR BER

Vo T =y (1+yT(y = 0 il R
» 1

P _ v =
?ﬁﬁ@%"f&ﬁtﬁﬁ%a Ty y(1+y

rryve o B v =1+4y",

H¥z=18,y=1,5 =04y = p.Jil y = p‘j—ﬁrﬁAﬁE,?&

df _ 14 prat—L . dp = dy

Py T +7% 7
BaHEED y=10,p = 0, % y= 1+ p".
feAde

P ' dy
Py =+ /¥ — 1, =+ dz.

yi—1

dr
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AAoErX, FEES =10 y= 1,8 In(y+ v — 1) =t (= — 1.
A, R TR y+ vy — 1=l y= %(eﬂ + e ) = ch(x—1).
33.08) (D EMB LTS Pz, y) HHRFRAY —y= 3y (X—2.

4 X = 0, WA EMALE y M E WY y— 2. HERE VT F 5 = y— 2y’
& = %,ﬂﬂwﬁﬁﬂ%%}\/ﬁ_f=—i—m,ﬁ#2ﬁy+ SFFF =G
B L@t (100) MC=+ FRLIBHy+VETy =5 My=+—2.

() BWHE-RMRAML y = % — 2t R PQx,y) A& T

Y— (——:c”)=—2x(X—:s),EﬂY=—21X+Iz+%(0<1§%)

1
: +?,0]5(0112+%). FR TS

2x
b1y
Stz = =+ - (= . ) fﬁ (4—)ds
2 2+l e 2_*_‘"1_ :
% z k18 s’<x>=~}-4x S 4)12 ) - L(2+3) (= - 1).

& S ~omla=" 50 <2< L, 5 0,5 B, 8@ > 0,7 2 =% 2 52

) A B — B /MEL L B B MELR. TR BRI N

__¥3 w3 1 _ 31
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E,&ﬁﬂﬂﬁ%%,ﬁUES—i’ =~ L AWER MY 2 45 = C,

A () = 2 C = i
y= =2, —nCx<0
BoL < nft .y +y+z=0HERY
y=Cicos z+ Cpsin z— x

v =—Cisinzx+ Cieos z—1

ERihek v = y(o) e BT y(o) EEAAT S, &1 O XA

Bl e
y(0) = limy(x) = lim v2* — 2 = n,5’(0) = y. (0) = lim X2 —L " T _

=0 x-=0" 0 x
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3. (M1 W% L 0RR: = % = —Ant g

iil‘—‘(xmfm)

F ¢
4 y=0,8U145 s WA SMHLE Nz, = £ %’j—f+f(z).

y—cost=

E&E§4§[f’(:) £os ‘] +costr=1.HN F (&) > 0,88 F Q) = E‘th = —cos s

sin ¢
BT F0) = 0,fFLL f(2) = In(sec ¢+ tan t) — sin ¢.
HH f(0) = 0,limf () =+ oo, FFRALAMNER L Bo = S0 y %l o o S04 OC S8 0 5 K8, BT AR A

=K

H

S§= J:mydx = -[fws te fode = J.f sin‘tdt = %w
36. IR] (D HBEA Y — Sy = ez RBIEMY
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0
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2
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3.[#1 (B
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M fCxyy) ZEAC0,0) AL AT 6, OB E (B).
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Ar—0 Ax ayD Ay

teax) + (By)isin 1

— _ B Y]
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(0,0) 4baT 8%, M (x,y) # (0,00 B,

i 1 2z 1
Se(z,y) = 2zsin FLF _:yzcos T
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5. (&Y (D).
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6. [l (D).

fQ,—1) = f(1,— 1) — £(0,0) = f(1,—1)— f(0, — 1)+ (0, — 1) — £(0,0)

= fi& =D+ £,0,p « (=1 > 141 = 2. H % D).

Al FHERR B B flz,y) = 1.1z — 1.1y, ) £Q1,1) = 0,f(—1,1) =—2.2,f(—1,—1) =0,
(A) (B (C) #AXS , B #E (D).
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f(—1,1)— £(0,0) = f(—1,1) — f(— 1,00 + f(—1,0) — f(0,0)

=fi—LO+ filg,0) « (D >14+0=1
Bl £(—1,1) > £(0,0) + 1.
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AN WA J

Cxoy)500,0) m
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f(;c,ﬂ):f(0.0) 1\ AT lim f(.r.O) £0O.0) _ i £ = 0,0
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M fLC0,0) AAFETE, T FReEE /0,00 Mﬂﬁ.
2) £ £(0,0) 5 0,7 lim %ﬁﬂi’ = oo, AT £2(0,0) FFEFE , i XEBRIER £ (0,0) RAFLE.
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=0

15 (B).

\/m, 2ty £ 0

(&) HBRE:4A fa,n = { VIR flx,y) W RBR &M HE0,0

j B ¥y =0
, 20
ﬁﬁﬁﬁﬂjhm):“f"z(ﬁx=omaﬁwmmmmxﬁmmmmﬁmeWHa&m
3 T =

(A)(C)(D) #AIEW , &R % (B).

9. (g1 (D).

. Flaz,y)+2z—y+tattyt _
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lim f(x,2)+21—y:0‘mu lim f(x.y)—f(O;O)—(—Zx-i—y):O‘
Cxa3)-=(0,0) Ve (x,5)-+(0.0) VIt 4y

Bl f(z,y) — f(0,0) =—2x+ y+olp), H BB E SLH f(z,y) TEC0,0) HTTHL B
£2(0,0) =—2, £,(0,0) = 1,8 Wi (D).

10. (g2 (B).

BRAEHE: : (A)(C) (D) AW R £ (2,0) = =, BN 2 (B).

RV ERA TR ATAT.

2
EEIE;—-}: = Zﬂg—; :J.Zdy: 2y+ (o) f,(x.0) = 2 H p(a) = z, U

BE 2y+xz= J(2y+1)dy =¥+ zy + ()

3y
B flx,00 =18 ¢lx) =1, z= y* +ay+ 1.
11. g2y (O
(zoy) — (2 + ) flzyy)
Ehhmf y Y2 = o> o, lim —LEY — > 0,8 £(0,0) = 0, iR RGBS,
= JZty = Ay
" (x,y)
£ 4.(0,0) ;?Ei%fuﬁsﬁmf——y>o,ﬁu (z,y) > 0.
Ve A i
HP 5.€0,0) B fCzyy) m;&;maﬁ.xmy_.?—% = s 0L,
lim £G220) = £C050) _ o gy 2,00 = FO,0) | o fla,0) = £C0,0)
=0 X ot xz x-m0 T

T2 (0,0) RAFZE, 5€0,0) A flz,y) BIHEA.
12. 01 (D).

i dz = zdz + ydff 4. P %(f ) Ch B, E 0,00 B Flxhy) BITR/AME .

13. (Y (A).

dz dz

=S @h .5 = f &’(ﬁ,

3t ;} o 2

2= 1 _f«( )f(y) Z_ riay . fu)fuﬁ(y)[f(m
%z o Atz Iz 'z \* o % 2

#C0,0) 4,55 = f(Oln £(0), 55+ 25— (aﬁy) = [£(0]*1n £(0).

L 0)In £C0) = 0,[ /(0 ]In £C0) > 0,80 £C0) >1,f7(0) =00 ,z= f(a)ln f(y) 7E£(0,0) &
B /M L B (A).
14. [fe] (A

3'— 3 ’
e f’(z)g(y).é—; = f(xg (v,

S iz ’ _Efz__ ”
= f’(:r)[,(y),m = f(x)g (;y),ayz = flz)g (y).

7E(0,0) &.l:. = f(0)g(0),

¥z ¥z ( 'z

5;5-5? dxdy
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) = £(0g - FOO —L[f (g (O]
= (0 g"(0) fC0)g(0).
M F0)g0) >0 B f(0g70) L0 g(0) > 08f,z= f(2)g(y) #EL0,0) LEEH/IE. XH O >

0,g(0) << 0 f7(0) << 0,g"(0) > 0, (A).
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15, [#&1 (B).
Vv (x) =—§7:~,y'(xo) =0
Pz =— [Fo.+F.y 1F, T [zF;, + F,,y']F.
(Fy)
_‘}'”(.Iu = F,_,((xo 1)‘0)
y(Zo s ¥0)
16. [f&) (AD.
Fu Pu FPu _
| S g g
i u Fu | FPu pl 2
HER— # 0,55+ 55 =0, A,B#£0,A+C= 0,0l AC—B* <0.
xdy dx dy
R w(z,y) EEEH D AEHREL, B, wulx,y) B KEMB/DNMERNE D M F S,
R B8 (AD.
17. (&)1 —1.
z(O,y)=——-(y—_—ll——-=§a(y),EEE!"-ﬁE5{§ﬂ QD’(I) :_‘lvmua_z =—1.
14 sin(y—1) 3y | .
18. [f&1 2.
E_"_E:_A,é'z_ 1 —— jzi - ==
dx 1+x"y‘ ’ﬂ” Zolllrypid F '3y3x 0.1 2_)1’;,..1 k
19. [#Y 1+ 2In 2.
s 3z & d ' gl dz ",
Inz = ;cln(x-i-e’),é; = ._[ln(:z-i-e )+J:+e’:|‘ﬂ3.’r - 1+2ln2
20. [#2] (14 2In 2)(dz—dy).
az _ z) L e LW ]
2= (1 £ ) [yln(u- . )+y(:c+y)]‘
dz T f 3P x zr’
L. - Z N | Ealie et
dy (1+ ¥ ) [yzln( y ) yz(:r+y):|
@) =1+42n2, Z| =—a+2m2),
dx | .y dy | a.mn
#rdz | 0.y = (14 2In 2) (dx — dy).
21. [#81 20—1In2).
fz+y) =2y B, x=1,y=208,2= 0.
zln(z+3y) = In z+1n y,In(z+ y) “}-zlixy = %

Br=1,y=2,2=0f A8 2. =2(1—1n 2).
22. () — 5dz— 2dy.
Hat+y+2—3zyz=08,Yz=—1,y=08,z=1.

3x%dxr+ 3y'dy + 32°dz — 3yzdxr — 3x=zdy — 3zydz = 0
#rx=—1,y=0,z =11 A,3dc+ 3dz+ 3dy = 0;
B u=2'e2® H.,du = 2xe’z'dz + 2? e’z dy + 32%e’2%dz,
¥zxz=—1,y=0,z= 1A ,du =— 2dxr+ dy + 3d=.

du =— 2dx + dy -+ (— 3da — 3dy) =— 5dx— 2dy

23. [#&] %Izy-%- —%*xyz + x4+ 2.
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3%z
dzdy

M f(z,0) =z %, (.00 =11 =z+yH,
£=J(:t+ )d '—“.7:'+l2+ (x)
Iz ylray Y 2.}' @

X £z, 00 = 1,0 plx) = 1, Mifi

2 — oyt 3y 1z = [y + 4yt + Dz = L2ty payt ot g
X fC0,y) = ¥, 0 ¢ly) = &7
2. [B] — =

B u) (z,22) = 22 A1
Wiy (z,22) + 27, (x,22) = 2x

B ulz,22) = = Hl
ui (x422) + 2uz (x,22) = 1
Wi Cx,22) + 21 (2, 22) + 203 (x,22) + 4up (2,22) = 0
Ep . 5uyy (z,22) + du1; (2422) = 0 (2)

(1) A2 A oy (z,22) =— .

25. [#2] z— zy.
%=pF1+.Fz-(—f;) EE=_F1-<—iz>+F2
- e 14 P Rl =
¥ x o z

dz dz
ij a5 2% o
n = aI+y 3y f° zy.

26. [#&1 5.
fira f(zo + ZI.yg) = f(Io ' Yo — t) =it [f(.‘l.'o + 2ty yo) — f(.xo :yo)] = [_)r(l'n 1Yo —t) — flx !yo):]

=0 t =0 t

=21 (zory0) + foldorye) =2X2+1=35,

27, [#&] 5.

Blim LED — 2 F 29+ 2 _ G ¢ (1,0) = 1,£,(1,0) =—2,
A e

lim LA+ 00 = fay20 _ [FA+6,0 = fA,0]=[f1,20 = £01,0)]
=0 t =0 L

= f.(1,00 —2f,(1,0) = 5.
28. [fR) 2(x® + »*) flzxy).

1 Ty 1
z = L |y —t| f(e)dt = J‘o (zy ——:)f(t)dt+J (t— zy) f(e)de
zy
1 1
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1 1
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X 1
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du ' g .1'
29.[&] a_—f"*‘f; 2_'_ 2'3 3 -f11+2f13 ziyz“"f’n (Izi 2)2+f'3 (_Z +y)z
30.[M1 5L
(1) = f(1,f(1,1)) = f(1,1) =1,

a 3 — 2 dg(l‘)
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WP —— 2 e = [ b g kT
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BHAAG R, H
du _ df y af 1 glz—2)
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s dz _ 9z | 9z dg =z Iz E _ 'z 9%z az_z
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E A 4 a5, T o oo =—dsgilesid gt ag.
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Izau-}-ZU _ Wt
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34081 HTF flz,y) = glr) = g(/2' + 3*),18
d

9 i gy B s By &
S~ a (r) EEwY g () =3
I f il ; zy r*cos fsin @ 7 cos fsin @
dzay & (r) ;al——g (r) i g r—z—g'(r) —_—

RAZL — ot g0 — g’ =0
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dr ' 9z roodr’

P ¢ d¥z 1 dzi;r_2 %,E‘Egz_ﬁ:i.dzz 1 dzii dz

w P TR e R
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Br=yRALRBESAREL —D,1,D,00,0);

fE(—1,—1,(1,1) H.AC—B* > 0,H A > 0, ftdl/ME,

TE(0,0) H,AC — B = 0. f(0,0) = 0;

bz 7 Th =27 Q. ( rptambe)

f(x,0) = 25— 2% << 0. (|| FE4RAN) M 0,00 A otk {8

3TABEY  folzyy) =222+ 3, folz.y) = 2x%y+ In y+ 1.
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ai;y = flilz+y, (2,0 + Lzt 3, flx)) » filzyy) + falz,y) « folaz+ vy, flz, ) +
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40. [f#2] M2 +2y +2*+8xz—=2+8=01%%
dx+ 222" + 82+ 8z=. — 2. = 0,
dy+ 222, + 8z, — 2, =0,

FEERBG 2, = 0,2, =0 a+2e=0,y= 0% z+2 =0,y = ORASFFBEM 2= 1 Hz=— o,
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7
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B4 AT B E LA F(1,0) = 0, £1(1,0) = f5(1,0) =—1.
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@ 4xt 4+ yf r 4zt +
HPrAME 42 + 5 = 1 i et & 6, Wil
zdy—ydx _ [ zdy— ydx _ zdy — ydx
L 4t + 3 r 4z + 5 T 4x + 5t
= - tDdy 7
SEr"dy rt| Gy 8"

27 (M) d BB SHETRN ARG = L) =
F&,Qx,y) = 2 +C(»), b Cly) hiFERE.
[ saydz+ Qeindy = [[[2 + Cldy = ¢ + [ Ciay

€0,0

a0y
j 2zydz + Q(z,y)dy = j [12 +C(y)]dy = :+j Clydy

(0,0}
R £ +J;C(y)dy - L+I0C(y)dy. Bnxt ¢ RS, 08

2t=14+C),C(t) = 2t—1
M C(y) = 2y — 1, FfA Q(z,y) = 22 + 2y — 1.
28. [M] BMARBAEBRBEXENTERMETH £,(x,3) = cos y, W f(z,y) = sin y+ Cx).
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J:;l )[sm y+ C(x)]dx + xcos ydy = £

B[ Caddz+1sin ¢ = @ BRSO = 20— sin £ — 26 cos ¢
o

FEB f(z,y) = sin y+ 2x — sin 2* — 227 cos 2°.

29.() I= L d?x_ %X+I'yf(xy)dx+xf(xy)dy,

d_I_-“_dJ’=Jd.£=L_i
Ly y? L :

& F(x) R f(x) H—1FeR %,
Lyf(xy)dz-l—.zf(.ty)dy = Lf(.z:y)d(xy) = F(cd) — F(ab)

a

FRLh2 ab = od Bt ,F(cd) — F(ab) = 0, LB I = ——7-
30. (D (iE] MAEEFIR. RCREEFHEz >0NNE—SFBREBPEA Y, o c
| %% C EAEBRUEFLEM, N, 16 50 89 59 2 MONRM, Rt 1881 5 —
B S8 074 4P i L MQNPM. 4848 M T 50 IN
ag L $(dzt2zydy ff ez +2zydy _ /
* J ¥ianRM 2.’6 oyt MQNFM 2z% + 5t T ’v/' "
RIEE = A MR A ROHE R LRI LR T8 ol”
§ o(y)dx+ 2xydy =§ te(z)dz-’r—szdz_'_é; (y)d.'r-i-Z:c d
228 + 5 KM 22 +5* PN 278 +
iy Q(z)dx—i—z:cxdz_fi; e(y)dz + 2xydy
RRM 228 + 5 fo) 2z + ¥
_ e(y)dx + Zchdy_i; e(y¥dr+ 2zydy _ 0
MQNRM 228 + 3t MANPM 2zt + 5 ’
@I &P =782 ,Q= 512 P QEREARK S > 0O WAA —NELBFH (DA,
B “’—‘%’—’iﬁﬂ—@ ERR A SBRTE MY = > 00, 4 0e = 2L
x° + ay’
aQ _ 2y2x* + ') —dx + 2xy — —4x’y+2y°
dx 2z + ¥*)? (2% + y*)?
3P _ ¢ (22 +y') — 4oy _ _ 250 () + (MY — 4oy
?y 2zt + y*)? 2z + y*)?
g O.© BXHAER. 4
¢ (y) =—2y,
&Ny — ey =25 @

B Q18 e(y) =— 3y +C. 3 o(3) RA DB 25" —dcy® = 25° BT C = 0, AT o(y) = — 5.
3081 (D mﬂ’ = 2 m,5[g" () — S ]+ [ (2) —glx) — & =0

g —fx) =0 ”
il TATE g (x) — glx) = e R ITRB

flz)—glx) = ¢

g(zx) = Cie +Ce* + %xe‘

f(x) = g'tx) = (C, +—;—)e‘ —Ce™ 4 %xe‘

B () = g(0) = 0 #1,C; =— +.,C; = . fRAFI
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flz) = %w —e + %xe‘

g(x) =—%(e’—e"‘)+%xe‘
(2) Bt(0,0) Bl(1,0) B&I(1,1) MIFLITHE
d 1
I= Zjo[yg(l) + £y = +(7e— L)

R Ju, _ du du
32, [iE] fﬁ:. ﬁds = §L[axcos(n,1)ds+ aycos(n,y)ds]
=i[g—;cos(r,y)ds—%cos(nz)ds] (K r AL i)
—§ gy — g, = (L4 2 M
= 24y ad’]‘fbﬁaf“‘ay]"“- )

33.1f) ®LAIBRA+y =1 Tm,.ERBERS
I—ﬂ; (x +y2)(ldy— dz EF —Idy—%ﬁdx

ﬂ e+ )a, EARAR)
XI= §L(z +y )(5£dy—a~§d.z)
=zg(xg+y§§)a+ﬂ(12+y=)(%{+3—zy§)da, LTS
muﬂ%%?—z{)dm 2J](x%+y ?)dﬁﬂ(:z +y2)(a—l )da,
auﬂcz—-f+y—f>da— —ﬂ[l—(x + 2 )](a f+—f)da

= %ﬂ-[l— (22 +y) 1P dg

=-1— de (1= e rdr = 7

34.[MRY (HiE—) RAWMEENAXHER

cosa cosfB cosYy

a d d

=§rydx+zdy+:rdz='g‘ Iz 7y Em ds

y z x
=3l Llgs=(—3y.. L. = z
= 3ﬂﬁds 9 J3na
(FEZ) I FEEESRABALRK

=§ydz+zdy+xdz =§Cydx+ (—x— y)dy+ z(— dx —dy)
r
= (= s+ (— 22— 3dy = [Je=2=1dzdy

b

=(—3) - . na® =—3na’

al-

HRCHz+y +22 =d HSz+ytz=0WTRE Oy B LMY EWAETE 7 E,D R xRl

£ K7 E R

N
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cosa cosfB cosy

c _ 2 =l 2 2
35.08%) I-—E[;r.rydz+z dy+ndz—g 32 7y Ep ds
zy z? zx
= J](— 2zcos @ — zcos B — xcos ¥)dS,
- 1
Ko S hifiz = V2 T W EM,cos e = —=,cos —,cos y = —,
S Al z

+ X £ 2r+ L X = = g}
H(J_z % J_)ds J](fx % ﬁ)ﬁda J’];xda xa
36JiE)] 4 F=zx+y+z+3a+1z? + y* + 2* — 2ax — 2ay — 2az + 2a%)

BWF,=0,F,=0F.=0,F,=0,8z—a=y—a=z—a —iJ_a,(a>0)

Br—a=y—a= zja =—%_a Bz + y+ z-++/3a BE/ME, B/MEH 3a, 1

#(z+y+z+«/_a)’d5> @ (32)%dS = 27a° + dna® = 108xa’.

37.[88) #ﬁﬂamstmﬁp(x,y,z)&kﬁwzl‘]ﬂ%n— 22,2y — 2,22 — ¥),

=3 P&tbﬁ’cJJSFE'izOy BAEHWEESLRMGER - k= 0k = (0,0,1)),

2p— y = 2z—y =0,
z—y=0, {

Bl 22—y =0.FfLL&E P i C {
z—y = 0. FRELA P M C 5B B P IO

w0~ (G |s +%y 1} 38 SHF BN = = 2z, (z09) € D& T

9z 2y—=z\° _ 4+ 3y +2P—dyz
\/1+(3_1: \/l+ y-—Zz +(y—22) - | y— 22|
Bt LA
| = (z+V3) | y— + oz Zdl‘dy
m’\/

- H(: YD dzdy = ﬁﬂdxdy = 2x
D D

38.U@Y1 MW 8O0y Vil EHME 2* +yTz = 1 FTEMAWOTH,IC Q08 =M 3 B RIA
i, BIE\mEmHLK
I = @ zzdydz + 2zydzdx + 3zydxdy = M(z+ 22+ 0)dzdyd=z

553,

1
= J 3zdz H dxdy = I16nz(1 —2)dz = «,
] 0
xz+lz-<l—:
I, = Hudydz-i—Zzydzd.z-{-S.zydxdy =—3 J] xydxdy = 0,
i +L<1
ﬁju!=ll—12=1t.
39.[M) WSHEMRE S+ +22 =180, BHEHARS

szydz+ydzdx+zdxdy 3P+ Y DT =3P+ +2) (P 4+ 2T
(E+F+2)7 J (Z+ 7 +2)

d'!l=09

=+
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E*awmﬁﬁ§+%’+%=1sﬁmxz+y=+zz =1 ZEMESE.

mu@ zdydz + ydzdz + zdzdy _ _ @ zdydz + ydzdz + 2dxdy
] (2 + y* + 22)¥2 (2 + 5y + 2232

=-{|zdydz + ydzdz + zdzdy

S

(1-+1+ Ddv= 4x.

2Lyt <l
40.[821 () REERMREKEARSG
0= @[yf'm + yeJdyde — ©5° fCz)dzdz — (zysin z+ y7)dzdy
S

=+ M(yf'(x) — yf(x) — ysin x)dv
v
Kb ViSBERHAERAXIER, A mhm S &k maE e, ]+ 5, 2475 @) gh e 8@ | i
AR, =" &, th S KT EMH, M
f(x)— flx) —sinz =0
RSB BIBHR KM £(0) =0,£0) =1 H@EN
3

f(x) = %e‘ vy e — %sin x

(2) () 7@
Lyf' (x) + yz]dydz — iyzf(.z)dzdz:— (zysin x + y*)dzdy
) 2

= ﬂ[yf'(x) + yeJdydz = 3" f(z)dzdz — Czysin =+ 5" )dzdy,
Z

KPS, hFAz=188%Ez=2"+y ZHBIH LM,

H[yf'(l) + yz]dydz — %ny(x)dzdI_ (zysin z + y*)dzdy

%

=" H (ysin x+ y*)do =— % J] (z* + 5 )ds =— .
221 oyl

2+ Zgl
41.0%8) %mmz,:{x Y S mmE L

z =

Hy’dydz + 2*dzdx 4+ zf (x,y)dxdy

3
= @ ¥ dydz + x*dzdx + zf (z,y)dzdy —J]y3 dydz + 2*dzdx + zf (x, y)dxdy
B

£+,

[[reemdvto, o aprspmme
n
B fx,y) = 22y + 2° +-[Hf(x,y)dv.

a2

ia Il = Mf(.’c.y)dv,ﬂllj f(x,y) = nyz +Iz +va
n

FXAREL RS IRE Q2 ERSE
= 2 2 _ 2x, _ 2= L 2n
I, = J:‘U(ny + 2*)dv + I,J:‘Udv = Jl].xzdv-k 3 I, = I + 1 S
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4] . 21(
mR L= 15— 10%

= 2 2 27(
# flzyy) =22y + = +_-15—101\"

2. 081 &1,0,0) F(0,1,1) waﬁﬁﬁwx_“ll - 2=z,

o =1—2z,
my 24y =z +yz=2,
Yo = 2o

7ﬁ£Iovyo’zo i%x’+y‘ = (1—2)2"‘22»

_ J]]zd'u 1rJ’:(Zz3 — 228 + 2)dz

z=4

- 2
JHdv nL(Zzz — 224 1)dz
n

=L
5

43. (8] 4 P=2zy (' +y¥),.Q=—2 (' + ), Alz,y) EHREFH x>0 LR _TTER
w(z,y) WBENEEEERIT = 2L 1w
z 3y

4z (2 + QA+ =0
BZBA="1LTFTR,EHEXFEALR—K . HW1,0) ERFIBEHEL, WE

(x.y) R £ . 2
u(z,y)=J ' 2xydx — xidy _ 2z Odz—J:mdy+C

a0 x4yt T ht 40t
=—arctan % + C.,
' z
4.08] HBE.EHF=—>3+az.
—~ z = 2++2cos 8,
EIAB Wéﬁw‘:‘ﬁ%{ - 3o X
y= 3 +\/§Siﬂ 01

S FREMD) W= jﬁ o, 0 00, Y

= J‘fl [ﬁ(3 ++/Zsin 8)sin 6++2(2 ++/Zcos §cos 0]d0
“

= 2(x— 1.
45. (1 (DO = MBS R

= 2 2 — b ! ! 3 =
I= Jl](.z + y*)dv = L dOJOer'r dz = 0
Q) Ry BHELR x=y=zHEBFHH

dz — ‘ (1»1,1) X (.z‘,yvz) |2 =
3

%[(z—y)z+(z—z)z+(y—x)z]

I =ﬂ]%[(z—y)’ +(z—2) + (y—2)?]dv = %Jl[(z’+y’ +2dv= £

* 144 -



FIREEPHF
=TT ED)

E=2j8hliEn
BT EXTEINRINRE

=3 100 (f 200 £ 500 Eif 1000 FF

FEARS EFEREH - OF “22BHLE TS5

gBR——2021F11 824

3RRBI

HEM 453
HEBWEER
PEULESS




AFkK = E R

BHE tihRBdia) iEFRER
P AR B Y 20204 3H 21283
HFES e+ - BiE 202068 %5 SELhi
5 Bt X 6607 2020588 75 SEEHit
HFHER ISR - BiE plpli=0)= 25 S Ehit
HFESJ)eH 2020412H 2iEE3]
B ERAEAEHRNT 2021418 2EE3)
EEHRFHSHNX 2021424 seitiEs
ZMEAEEETH X 2021524 BitiES
BRI SRS RS H N 2021428 saitiEE
#HF IR IBHR330=E 2021521 G )
HWEAEAHFOES 20214104 ARIFTT
P IEPEEES 20214108 HRIFTTI

r=ay
ITHE
Yy

e

—x

mf|

,_iv”g

RIRBFREZR

fuil Bmigs

W aE A




